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PREFACE
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John Kraemer addressed the operationa( requirements and described the
simulation model. Norman Knable treated service outages and satellite failures,
and addressed the effectiveness of clock coasting and altitude aiding to ameliorate
these situations. Differential operation was treated by Janis Vilcans. Rudolph
Kalafus, the Project Engineer, addressed Selective Availability and receiver
performance and costs, and coordinated the writing of the document.

The authors wish to thank David Scull of the Office of Management and
Programs, RSPA for his encouragement and guidance. Also appreciated are the
contributions of Nicolas Bliamptis and LTJG James Preisig. Special thanks go to
Mark :vIanozzi, whose tireless efforts on the word processor made it possible to
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1. INTRODUCTION

1.1 PURPOSE

The purpose of this project is to examine the technical issues associated with
widespread civil usage of. the NAVSTAR Global Positioning System (GPS), assess
the system's capabilities, determine any system limitations, and estimate the
effectiveness of new developments in techniques to improve system performance.
Since a considerable body of experience already exists on the performance and
potential of NAVSTAR GPS, the project is focused on issues that have not yet been
definitely resolved.

The ',results of this project will serve to support the Secretary of
Transportation in establishing jointly with the Department of Defense a
preliminary recommendation on Radionavigation System Utilization.

1.2 SCOPE

This. report describes the unresolved issues that need to be addressed before
NAVSTAR GPS can be accepted as a reliable navigation system for civil use. The
methods used to address these issues are discussed, and the analysis and simula tion
tools are described. Results and conclusions are provided in considerable detail.

1.3 BACKGROUND

When the NAVSTAR Global Positioning Satellite (GPS) becomes operational,
it will provide worldwide navigation service with a precision currently available
only in limited areas for limited periods of time. Since it is a military system,
deployed with military objectives in mind, the Department of Defense (DOD) has
no responsibility to promote civil use of the system; however, the coarse
acquisition (C/ A) signal is not encrypted and will be available to civil users.
Current plans are to have an 18-satellite con£t§uration operational by 1988, with
three additional active spares available by 1989. .

Navigation tests performed using the NAVSTAR GPS satellites presently in
orbit have indicated C/A signal accuracies significantly better than design goals.
These accuracies satisfy ocean and coastal phase marine requirements of the
Federal Radionavigation Plan and most en route and terminal air requirements.
They approach the stringent harbor/harbor entrance requirements. The addition of
a stationary receiver measuring local position measurement drift would enable
differential GPS operation that could possibly meet the harbor entrance
requirements as well.

However, the accuracy of the CiA signals has posed a security problem to the
Department of Defense. As a result the DOD is planning to purposely degrade the
C/A signal under a program called Selective Availability. The method and
magnitude of this degradation has not yet been finalized, nor has the time frame
during which Selective Availability would be exercised. Enough is known, however,
that the effectiveness of differential techniques can be assessed.
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The U. S. Department of Transportation (DOT) is currently responsible for
providing civil navigation service to the National Air System users and the marine
community. The Department is charged with determining the future
radionavigation system mix. To carry out this responsibility, DOT established a
management structure in April 1979 under DOT Order 1120.32, to coordinate
departmental planning and development efforts on future radionavigation systems.
DOT and DOD implemented an Interagency Agreement which stipulated that the
Departments undertake joint programs in design and testing of navigation systems.

The Federal Aviation Administration, U. S. Coast Guard, and the Research
and Special Programs Administration have formulated requirements for aircraft·,
marine, and land-based users of NAVSTAR GPS. These requirements are p~2fented

in Volume II of the joint DOD/DOT Federal Radionavigation Plan (FRP). The
FRP reflects the concerns of the DOT about the issues involved in widescale civil
usage of GPS receivers.

The Departments of Transportation and Defense plan to jointly, issue a
-Preliminary Recommendation in 1983 on the civil use of radionavigation systems,
including NAVSTAR GPS, followed by a Final Recommendation in 1986. From what
is already known about the performance of GPS, it is apparent that it may have the
potential to replace some of the major civil navigation systems. Whether this
potential can be realized depends on whether GPS performance meets the following
conditions:

o Coverage matches or exceeds that of existing systems.
o Accuracy is adequate to meet operational requirements of navigation

serv ice users.
o System availabilty and reliability are adequate to meet operational

requirements of navigation service users.
o Costs of user equipment do not cause a significant economic burden on

the users.
o Any additional costs borne by the government are justified by the

accrued bene fi ts.
o Sufficient time is allowed for decommissioning of existing navigation

aids to enable· users to phase into GPS without an undue economic
burden.

The first four of these are technical in nature and they comprise the focus of
the present work effort.

l.~ ISSUES

After reviewing the considerable literature on NAVST AR GPS, ten issues
were identified which need to be addressed in order to evaluate the capabilities of
the system. These ten issues, as perceived at the beginning of FY 83, are listed
below:

ISSUE 1: Satellite Outages

In the 18-satellite, 6-plane configuration currently being planned by the
Department of Defense, there are three geographic regions in the United
States that will experience satellite constellations with unfavorable
geometries for periods up to twenty minutes twice a day. Does this render
the system inadequate to the National Airspace System and to other civil
users, or can receive:r/processors be designed to accomodate these outages?
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Note - The NA VSTAR CPS Joint Program Office has since announced the intention
of providing three active spares, and locating them) in such a way as to remove
these outages over the conterminous U. S. (CONUS) (see Section 4-).

ISSUE 2: Satellite Failures

The loss of a satellite signal due to space segment failure could result in
reduction of accuracy or lack of a sufficient nLimber of available satellites to
establish position during a period of time. The severity and duration of these
outage periods need to be addressed.

ISSUE 3: Temporary Loss of Satellite Signal

Blockage by aircraft wings, or by buildings in the case of land receivers, can
cause severe attenuation of satellite signals. It needs to be determined
whether low-cost receivers can cope with this situation.

ISSUE 4-: Selective Availability

The DOD plans to deliberately degrade the accuracy of C/A signal for several
years for national security purposes. Depending on the type and severity of
degradation imposed, many of· the civ)l users' applications may be
compromised. What is the impact?

ISSUE 5: Diffetential CPS, Without Selective Availability

Ionospheric and tropospheric delays and other transmission variations may
limit the ability of a single-frequency, CiA code-only receiver to provide
sufficiently accurate navigation information for non-precision and precision
aircraft approaches, and harbor/harbor entrance ship guidance. With a
nearby receiver as a benchmark reference, corrections could be made which
might allow use of the CPS system for these more stringent applications.
What are the performance capabilities, and what are the costs and
operational complexity?

. ISSUE 6: Differential CPS, With Selective Availability

If Selective Availability is imposed, Differential CPS could ameliorate its
effects by the broadcast of correction data. What accuracies could be
practically achieved by differential operation under Selective Availability?

ISSUE 7: Receiver Costs vs. Level of Service Provided

The level of service provided by a CPS receiver/processor depends on the
accuracy required, the degree of reliability required, the amount of opera tor
involvement, and user preference. Since each affects the purchase price of
user equipment, what are the tradeoffs?

ISSUE 8: "ALL-IN-VIEW" Position Computation

Would a low-cost CPS receiver provide better capability· to deal with
temporary loss of a satellite signal if all satellite pseudoranges are employed
in the position computation, rather than the four "best" ones? If so, is the
technique cost effective?
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ISSUE 9: Kalman Filter vs. Alpha-Beta Tracker

Processors frequently incorporate Kalman filters that optimally e!T1ploy
know ledge of the vehicle dynamics· and error sources to smooth data and
provide accurate position and velocity estimates, with a penalty in
complexity and cost. Alpha-Beta trackers are simpler, but less accurate.
Which is cost-effective for civil users?

ISSUE 10: Aidiflg

Do low-cost GPS receivers require external aiding to meet the requirements
of the Federal Radionavigation Plan? If so, for which applications and under
what conditions?

As the project has progressed, policies have changed, and the relative
importance of the issues has shifted somewhat. Also, in order to address several of
the issues, the receiver/processor design alternatives need to be described first.
:Therefore, after Section 2 on Operational Requirements and Section 3 describing
the Method of Approach, Section 4, Receiver/Processor Design Alternatives, lays
the groundwork for the analysis that follows. It incorporates Issues 8 through 10,
and describes some of the forms that receivers specifically designed for civil use
might take. Different designs have differing abilities to handle outages" to
incorporate external vertical information, and to handle transient conditions.
These considerations are discussed in Section 4.

Under the new sparing strategy, there still will be geometric outages over the
CONUS for some receivers when all 21 satellites(I8 plus three spares) are
operating. Outages will also occur as a result of satellite failures, which could
result in geometric outages or reduce the number of satellites below that needed to
obtain a complete solution. Section 5 is devoted to satellite outages (Issuel): their
causes, their durations, and the ability of different receiver designs to handle
them. Issue 3, Temporary Loss of Satellite Signal, is treated to some extent in this
section, but more work needs to be done.

The impact and likelihood of satellite failures (Issue 2) are discussed in
Section 6. Selective Availability, its magnitude, its variability and the resulting
navigation errors are treated in Section 7. Section 8 deals with differential
operation both with and without Selective Availability (Issues 5 and 6). Receiver
costs (Issue 7) are treated in Section 9.

The final section summarizes the conclusions and recommendations.
Appendices' prov ide details of the analysis and simulation tools at TSC and
descr ibes analyses to support assumptions and conclusions in the main text.

A major policy shift was recently announced by the Department of Defense
which alters some of the conclusions of this report. The revised plan calls for a
nominal accuracy of 100 meters (2drms) for Standard Positioning Service when the
system becomes operational in 1988. The previous plan called for 500 meters, and
this figure was used in the work described in this report. Footnotes indicate where
figures, statements, or conclusions are altered by this change.
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2. OPERATIONAL REQUIREMENTS

2.1 GENERAL

The requirements of civil users for radionavigation services are based upon
the technical and operational performance needed for transportation safety and
economic efficiency. The requirements are defined in terms of discrete "phases of
navigation." These "phases" are categorized primarily by the characteristics of the
navigational problem as the craft passes through different segments of its voyage.
For e~ample, the marine navigational problem becomes progressively more
complex and risky as a ship passes from the high seas into the coastal area and
finally through the harbor approach to the dock. Thus, it is convenient to view
each segment separately for purposes of analysis. The navigation requirements
which follow are taken from the Federal Radionavigation Plan, Vol. II, March 1982
(Ref. 2).

2.2 AIR REQUIREMENTS

The two basic phases of air navigation are approach/landing and en
route/terminal. The current requirements for each of these phases of navigation
are summarized below.

: 2.2.1 Approach/Landing Phase

The approach/landing phase is that portion of the flight conducted
immediately prior to touchdown. It is generally conducted within 10 nautical miles
(nrn) of the runway. Two sub-phases may be classified as: (l) non-precision
appr.oach and (2) precision approach and landing. Since it is not currently

"'anticipated that GPS will be used for precision approach and landing, only the non­
;;;precision approach phase is considered here.
,. .'

While the achieved capabililty for non-precision approaches varies widely,
::depending· on the location of the navigational facility in relation to the fix

location and type of navigational system, approximately 30% of the non-precision
approach fixes based on VOR in the U.S. achieve a cross track navigational
accuracy of :. 100 meters (2 sigma) at the missed approach point (MAP). This
accuracy is based upon the ~.5 degree VOR system use accuracy and assumes the
MAP is less than 0.7 nm from the VOR facility.

The current controlled airspace navigation accuracy requirements are shown
below:

Altitude

250-3000 ft

2.2.2 En Route/Terminal Phase

Route Width

2nm

Accuracy, 2drms

100 meters

The en route/terminal phase includes all flight except that within the
approach/landing phase. It includes the following sub phases:

1. Oceanic En Route
2. Domestic En Route
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3. Terminal
4. Remote Area
5. Helicopter

The current controlled airspace navigation accuracy requirements for these
subspaces are summarized in Table 2-1.

To facilitate aircraft operations in the en routelterminal phase, the system
must be capable of being operationally integrated with the system used for
approach and landing. The system used for domestic en route and terminal
navigation must be suitable for non-precision approaches.

Federal Aviation Regulations specify the vertical separation required below
and above Flight Level (FL) 290 (29,000 feet). The current separation requirement
is 1,000 feet below Flight Level 290, and 2,000 feet at and above Flight Level 290.
In order to justify the 1,000 foot vertical separation below Flight Level 290,. the
RSS altitude keeping requirement is '::350 feet (3 sigma). This error is comprised of
-=250 feet (3 sigma) aircraft altimetry system error, of which the altimeter error is
limited to .::125 feet below Flight Level 290.

The minimUm performance criteria currently established to meet
requirements for the en routelterminal phase of navigation are presented in the
following sections.

A. Oceanic En Route

The system must provide navigational capability commensurate with the need
in specific areas in order to permit safe navigation and the application of lateral
separation criteria. A 60 nm lateral separation standard has gone into effect on
the· North Atlantic fixed route system. The following system performance is
required to achieve this separation:

(l) The standard deviation of the lateral track errors shall be less than 6.3
nm, 1 sigma (12.6 nm, 2 sigma).

(2) The proportion of the total flight tim_,- spent by aircraft 30 nm or more
off track shall be less than 5.3 x 10 , i.e., less than 1 hour in about
2,000 flight hours.

(3) The proportion of the total flight time spent ~Ii' aircraft between 50 nm
and 70 nm off track shall be less than 1.3 x 10 , i.e., less than 1 hour in
about 8,000 flight hours.

B. Domestic En Route

Domestic air routes are designed to provide as nearly direct airways as
practical between city pairs that have significant air traffic. For altitudes below
Flight Level 180 (18,000 feet), the airways are defined as 8 nm in width out to 51 nm
from the VOR facility. Beyond 51 nm the airway increases uniformly in width on
either side of the centerline, with the apex of the angle at the VOR facility.
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TABLE 2-1. CONTROLLED AIRSPACE NAVIGATION ACCURACY NEEDED TO MEET

CURRENT REQUIREMENTS

Altitude Tmtic Route Width Accu~2drmt

Ph... SutH'h.. (Flight Lew") Density (NM) (rneten)

EnRoutel Oceenic FL 275 to 400 Norme' 60
Termine' Domestic FL 180 to 600 Low 16 2000

Norme' 8 1000

500 . 18.000 ft. High 8 1000

Termine' 500 • 18.000 ft. High 4 500

Remote 500 . 60,000 ft. Low 8 to 20 1000 to 4000

He.icopter 500 . 5000 ft. Low (Off·Shore) Not Determined 1000 to 2000
Operations 500 • 3000 ft. High (Land) 4 500

Approec;h NonoPrecision 250 to 3000 Norma. 2 100
end Landing It. aboY.

Surfecl

2-3



For altitudes above FL 180 (18,000 feet and above), the airways consist of jet
routes which have the same protected airspace as the low-altitude structure,
except the VOR stations may be spaced farther apart and the route width may be
as large as 20 nm. Area Navigation (RNAV) routes have the same protected
airspace as regular airways.

C. Terminal

Terminal routes are transitions from the en route phase to the approach
phase. The accuracy capability of navigation systems using the VOR/DME in terms
of bearing and distance to the facility is defined in the same manner as described
for en route navigation. However, the usually closer proximity to facilities
provides greater effective system use accuracy, since both VOR and Flight
Technical Error are angular in nature and are related to the distance to the
facility. The DME distance. error is also reduced, since it is proportional to
distance from the facility, down to the 0.5 nm minimum error capability. The
minimum terminal route width is ~ 2 nm within 25 nm of the facility.

D. Remote Areas

Remote areas are defined as regions which do not meet the requirements for
installation of VOR/DME service, or as regions in which it is impractical to install
this system. These include offshore areas, mountainous areas and a large portion
of the State of Alaska. Thus the minimum route width varies and can be greater
than ~10 nm.

E. Helicopter Operations

Helicopter operations occur in offshore areas and on low-altitude domestic
routes. The current navigationai accuracy requirements are listed in the Table 2-1.

2.3 MARINE REQUIREMENTS

Marine navigation in the United States consists of five distinct phases
identified as Ocean, Coastal, Harbor Approach, Harbor, and Inland Waterway
navigation. Standards or requirements for safety of navigation and reasonable
economic efficiency can' be developed around these five phases. Specialized
requirements, which may be generated by ,the specific activity of a ship, must be
addressed separately.

2.3.1. Ocean Navigation

Ocean navigation is considered that phase in which a ship is beyond the
Continental Shelf and more than 50 nm from land, in waters where position fixing
by visual reference to land, or to fixed or floating aids to navigation is not
practical., Ocean navigation is sufficiently far from land masses so that the
hazards of shallow water and of collision are comparatively small.
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For purposes ot' system planning and development! the requirements for
safety of navigation in the ocean phase for all ships are given in Table 2-2.
Equipment meeting these requirements must provide the master with a capability
to avoid hazards in the ocean (e.g., small islands, reefs) and to plan correctly the
approach to land or to maneuver in restricted waters. For operational purposes,
repeatability is necessary to locate and return safely to the vicinity of a maritime
distress, as well as for special activities such as hydrographic research, etc.
Economic efficiency in safe transit of open ocean areas depends upon the
continuous availability of accurate position fixes to enable the vessel to -follow the
shortest safe route with precision, and thus minimize transit time.

TABLE 2-2. CURRENT MARINE REQUIREMENTS FOR SAFETY OF NAVIGA nON
FOR ALL CRAFT, OCEAN PHASE

PREDICTABLE AVAIL ABILITY FIX
ACCURACY (2drms) INTERVAL

2-4. nm 95% full capacity 15 mins. or
minimum less desired

'"1-2 nm 99% fix at least 2 hrs maximum desirable
.. every'12 hours

For safe general navigation under normal circumstances, the requirements
for accuracy and frequency of position fixing on the high seas are not very strict.
As a minimum, these requirements include a predictable accuracy of 2 to 4. nm
coupled with a maximum fix interval of 2 hours or less. While these minimum

::requirements would permit all vessels to navigate with relative safety on the high
'--seas, more desirable requirements would be predictable accuracy for 1 to 2 nm and
.a fix interval of 15 minutes or less.

Economic efficiency in transoceanictransportation, special maritime
activities and safety in emergency situations require or benefit from navigational
accuracy higher than that needed for safety in routine, point-to-point ocean
voyages. Predictable accuracy requirements may be as stringent as 10 meters for
special maritime activities, and may be as loose as 0.25 nm for large, economically
efficient vessels. Search operations must also have a repeatable accuracy of at
least 0.25 nm. The required fix interval may range from as low as once per five
minutes to as high as once per minute. These requirements are based on current
estimates and are to be used for the purposes of system planning.

2.3.2 Coastal Navigation

Coastal navigation is considered that phase in which a ship is within 50 nm
from shore or the limit of the Continental Shelf (200-meter depth), whichever is
greater, and where a safe path of water at least one mile wide (if a one-way path),
or two miles wide, (if a two-way path), is available. In this phase, a ship is in
waters contiguous to major land masses or island groups where transoceanic traffic
pa tterns tend to converge in approaching destination areas; where interport traffic
exists in patterns that are essentially parallel to coastlines; and within which ships
of lesser range usually confine their operations. Traffic-routine systems and
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·scientific or industr ial activity on the Continental Shelf are encountered frequently
in this phase of navigation. Ships 'on the open waters of the Great Lakes also are
considered to be in the coastal phase of navigation.

There is need for continuous, all-wea ther radionaviga tion service in the
coastal area providing, at the least, the position fixing accuracy required to satisfy
minimum safety requirements for general navigation. These requirements are
delineated in Table 2-3. Further, the total navigational service in the coastal area
must provide service of useful quality, and be within the economic reach of all
classes of mar iners.

Government studies established that a navigation system providing a
capability to fix position to an accuracy of 0.25 nm will satisfy the minimum safety
requirements if a fix can be obtained at least every 15 minutes. As a secondary
economic factor, it is required that relatively higher repeatable accuracy be
recognized as a major advantage in the consideration of alternative candidate
radionavigation systems for the coastal area. In such activities as marine
scientific research, hydrographic surveying, commercial fishing, and petroleum or
mineral exploration, there is a need to establish position in the co~stal area with
much higher accuracy than that needed for safety of general navigation.

2.3.3 Harbor Entrance

Harbor/Harbor Entrance navigation (HHE) is conducted in waters more
constricted than those of the Coastal Phase. For a ship entering from the sea or
open waters of the Great Lakes, the Harbor Approach phase begins generally with a
transition zone between the relatively unrestricted waters where the navigational
requirements of Coastal navigation apply, and the narrowly restricted waters near
and/or within the entrance to a bay, river, or harbor. The Harbor phase requires
navigation of a well defined channel which, at the seaward end, is typically from
180 to 600 meters in width if it is used by large ships, but may narrow to as little as
120 meters farther inland. Channels used by smaller craft may be as narrow as 30
meters.

The pilot of a vessel in restricted waters must direct its movement with
great accuracy and precision- to avoid grounding in shallow water, and avoid
collisions with other craft in congested waterways. Unable to turn around, and
severely limited in the ability to stop to resolve a navigational problem, the pilot
of the large vessel (or a tow boat and barge combination) may find it necessary to
hold the total error in navigation within limits measured in tens of feet, while
negotia ting the straight channel segments and turns dicta ted by the configuration
of the channel.

To navigate safely, the pilot needs highly accurate verification of position
almost continuously, together with information depicting any tendency for the
vessel to deviate from its intended track and a nearly continuous and instantaneous
indication of the direction in which the pilot should steer. These requirements are
given in Table 2-4. The required accuracy varies from one harbor to another. In
the most restricted channels, accuracy in the range 8 to 20 meters (2drms)
(predictable accuracy) is needed. The requirements for smaller vessels are
currently under study but they are somewhat less stringent than for large ships.
For seismic surveying, the accuracy needs are more stringent, namely from one to
five meters (2drms) with a fix rate of one second.
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TABLE 2-3. CURRENT MARINE REQUIREMENTS FOR SAFETy OF NAVIGATION­
ALL CRAFT, COASTAL PHASE (F'OR PURPOSES OF SYSTEM PLANNING AND

DEVELOPMENT.)

PREDICTABLE
ACCURACY FIX

REQUIREMENT i 2drmsl AVAILABILITY INTERVAL

Safety of 0.25 nm 99.7% 2 Min.
Navigation - (4-60 m) Minimum
All Ships

Safety of 0.25 nm-2 nm 99% 5 Min.
Navigation - (4-60-3700 m) Minimum
Recreational
Boats & Other
Smaller Vessels

TABLE 2-~. CURRENT MARINE REQUIREMENTS FOR SAFETY OF NAVIGATION
. HARBOR APPROACH AND HARBOR PHASE.S (FOR PURPOSES OF SYSTEM

. PLANNING AND DEVELOPMEND

PREDICTABLE
ACCURACY FIX

REQUIREMENTS (2drms) AVAILABILITY INTERVAL

Safety of 25-65 ft 99.7% 6-10
, Navigation- (8-20 m) Minimum Seconds

Large Ships &
Tows

Safety of *** 99.7% ***
Navigation-
Smaller Ships
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2.3.4 Inland Waterways

Inland Waterway navigation is conducted in restricted areas similar to those
for harbors or harbor approaches. However, in the inland waterway case, the focus
is on non-seagoing ships and their requirements on long voyage·s in restricted·
waterways, typified by tows and barges in the U.S. Western Rivers system and the
U. S. Intracoastal Waterway.

Requirements from the consideration of practically achievable performance
and expected benefits have not been defined. However, research in Harbor/Harbor
Entrance navigation is expected to produce results which will have some
application to Inland Waterway navigation.

2.4 LAND REQUIREMENTS

Government studies have identified a number of areas in both automatic
vehicle monitoring (AVM) and site registration where productivity and operational
improvements have been predicted. Since land application of radio-location
adopted systems has not been widely adopted by the civil community, no official
requirements or systems have been recognized by the Government.

2.4.1 Automatic Vehicle Monitoring

There is no definitive statement of requirements for AVM service since it is
still under investigation. It appears that there are requirements in safety,
transportation management and economic areas. Study efforts and field
measurements to date have led to some preliminary estimates of accuracies and
costs required to make radiolocation service beneficial to various user groups.
These data are shown in Table 2-5. No other characteristics have been determined.

2.4.2 Site Registration

There are no definitive statements of requirements for this service since it is
still under investigation. It appears that there are requirements in both the safety
and economic areas. Study efforts and field measurements to date have led to
some preliminary estimates of accuracies required to make radio location service
beneficial to various user groups. No other characteristics have been determined.
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TABLE 2-5. LAND RADIOLOCATION ACCURACY ESTIMATES.

REPEATABLE
ACCURACY FIX

APPLICA TION (2 drms)* COVERAGE AVAILABILITY RATE**

Public Safety
Urban Police,EMS*** 250 ft. Urban Area 99.7% 1 sec.
Rural Police,EMS 1000 ft. County 1 sec.
State Police 1000 ft. State 1sec.

Transportation
Urban Buses 500 ft. Urban Area 99.7% 1 sec.
Taxi 500 ft. Urban Area 1sec.
Delivery Truck 1000 ft. Urban Area 1sec.
Truck 10000 ft. Nationwide 1sec.
(Hazardous
Cargo)

Highway Safety ..
Planning 100 ft. State 99.7% 1sec.
(Traffic records
Highway Inventory,
Highway Main.)

,"

.-
Resource Management 100 ft. Nationwide 99.7% 1sec.

* Requirement under study, values noted are current estimates.

* * Fix rate of navigation system, user update rate dependent on, application and characteristics
of communication link.

*** Emergency Medical Service
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3. METHOD OF APPROACH

3.1 GENERAL

The basic methodology used on this project is straightforward:

I. Identify the issues which are not yet resolved.

2. For each issue, formulate a set of questions that span the issue and are
capable of resolution.

3. Determine whether the analysis and simulation tools are adequate, and·
determine what data exists.

4. Modify current tools and/or develop new ones to meet the need.

5. Characterize the users and their appropriate equipment.

6. Apply the tools, using the scenarios and receiver design options.

The computer simulation models AIRGPS and MARINEGPS have been
modified at TSC. They can now demonstrate how a marine or airborne
receiver/processor would behave under a variety of conditions: with or without
Selective Availability, with different mask angles (minimum satellite elevation
angle), and using three or four satellites in the navigation solutions. Receiver and
processor parameters, trajectories, and satellite geometries are operator­
se lectabIe.

The .error-bound model (TSCERR) 'f.~ devel~ped b~ Bradley University(3) and
Input-Output Computer Services (lOCS) and is currently operated at TSC by
Bradley University. It provides a performance measure of an optimally "designed
receiver; i.e., one which takes full advantage of all the information available,
especially the performance history. Rather than outputting the smoothed estimate
of position for a particular location at a particular time for a specific heading, as
the simulation models do, TSCERR outputs the performance averaged over all
geometries. It is useful for predicting what an optimal receiver would do when a
satellite is faulted, or when the satellite geometry deteriorates.

While the models are useful in examining transient conditions, they are
unwieldy for the investigation of system accuracies in a collective sense, because
once a receiver design is defined, the accuracy is dominated by the satellite
geometry. Also, with Selective Availability imposed, the intentional errors
dominate all other error sources. To analyze the effects of satellite geometry and
those receiver design parameters which affect satellite selection, computer
programs were developed which provide GDOP measures under a variety of
cond it ions, and which ou tput sta t is tical distr ibutions.
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Selective AvaUability is. a Department of Defense program under which the
SPS accuracy will be controlled, and Precise Positioning Service will be available
selectively, to military and special civil users. TSC obtained segments of the
signals that will be used in the satellite transmissions. They were obtained through
the NAVST AR GPS Joint Program Office from Draper Laboratory. The segments
obtained are brief enough that they could not be used to reconstruct the accuracy
control technique, and could thus be unclassified. Analysis consisted of sta tistical
programs which examined the distribution of the equivalent pseudorange errors and
their time deviations. This analysis is discussed in Section 7.

A costing model was adapted from two existing studies on GPS receivers. It
is useful for comparing the relative costs of different receiver designs, and
provides a reasonable estimate of list prices now and in the future. These models
and analytical programs are described further in the next section, as well as in
Appendices A through C and E.

3.2 ANALYSIS AND SIMULATION TOOLS

The analysis and simulation tools used in the study are computer programs
which are written in FORTRAN-IO on the DEC-lO mainframe computer at TSCo
Their chief features are described below. The simulation models are described in
more detail in Appendices C-E.

3.2.1 Dilution-of-Precision Programs

GDOP subroutine - calculates XDOP, YDOP, HDOP, VDOP, and PDOP
measures for specified ranges of latitude, longitUde and time, for specified
satellite selection criteria: choice of mask angle, best-set or all-in-view
algorithms, three- or four-sateJJite algorithms.

GDOP distribution program - calculates distributions of DOP measures;
generates plots.

GDOP map generator - generates values of DOP measures and number of
sa tellites in view over the CONyS at a specified time. Figure 3-1 shows an
example ·of this.

Satellite faulting program - modifies satellite selection to allow selective
removal of satellite signals, and calculates the resulting DOP measures.

3.2.2 Selective Availability (SA) Programs

SA delay statistics calculates probability densities and cumulative
probabilities of SA delays from data.

SA rate statistics calculates probability densities and cumulative
probabilities of SA rates of change.

SA ra te change statistics - calcula tes probability densities and cumula tive
probabilities of SA. second derivatives.
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SA MARINEGPS interface program - an interpolation routine that sends
typical SA pseudorange delays to MARINE"GPS. AIRGPS can be likewise
accommodated.

3.2.3 TSCERR Error Bound Model

The error bound, model has the following features:

a. It can be used to analyze sudden satellite outage or faults.

b. It accommodates different clock stabilities to enable stability
requirements assessment during outage;

c. It accommodates external aiding.

3.2.4 MARINEGPS and AIRGPS

Each simulation model has the following features:

a. Each can handle a full nonlinear receiver model as well as a simplified
receiver model.

b. Each operates with the full l8-satellite constelJation, plus 3 spares.

c. The nonlinear model provides detailed behavior of AFC loop, phase-lock
loop, and code-tracking loop.

d. Each has a Kalman Filter navigation processor; the AIRGPS model
includes a turn rate state.

e. Each has user-selectable clock qU'ality, vehicle trajectory,
receiver/processor parameters, system time, and rate-aiding of code
loop.

f. Each has been modified to handle sequential receiver operation.

g. Each has a limited ability to handle three-satellite as well as four­
satellite navigation solution.

h. Each incorporates antenna location and pattern effects.

i. Each accommodates vehicle roll, pitch, and heave variations.

3.3 CHARACTERizATION OF CIVIL AIR USERS AND EQUIPMENT

The most evident civil air application of GPS is to oceanic navigation, due to
its relative advantages in cost, accuracy, and coverage. The same aircraft will
probably begin to use the system for high altitude domestic en route navigation as
well. It will certainly be competitive with inertial systems. It is not clear that
GPS can fulfill other roles of the VOR system; however. In particular, VOR sets
are installed in a wide spectrum of aircraft; they are relatively inexpensive and are
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used in VFR as well as IFR conditions even though they are not generally required.
While the VFR usage of the navigation system cannot be ignored, there are no
established VFR requirements that could serve as a basis for evaluating CPS
performance. Rather, the low-cost receiver processor will primarily involve IFR
applications of en route, terminal, and nonprecision approach navigation. Users
will range from recreational flyers to air taxi operators, and the aircraft will vary
in size from two-seat trainers to 6 to 10 seat twins.

Table 3-1 shows a widely utilized user classification scheme(5). - It appears
that the target population for low-cost receiver users is that of Class C. While
some users may have other RNAV equipment, the investigation of· this program
assumed stand-alone CPS equipment except for the possible use of an encoding
altimeter.

There are a number of other users who would find CPS useful, namely
helicopter operators, search-and-rescue teams, agricultural operators, and survey
<;:rews. However, their dynamics and requirements are less stringent, and do not
appear to pose any unusual performance problems for the CPS.

Table 3-2 shows the characteristics of the users and the flight scenarios used
to address the main issues. Tab Ie 3-3 lists the receiver/processor parameters

,which characterize the receiver evaluated for the civil air users. In particular, the
-parameters listed in Table 3-3 are used as input parameters to the computer
.simulation called AIRGPS. They also serve to define the constraints used in the
error bound simulation (TSCERR). . These software tools are discussed in
Appendices A and C. The receiver described in Table 3-3 is patterned after the

.Experimentt6pual Channel Receiver (EDCR) which was recently tested by Lincoln-
Laboratory. .

CHARACTERIZAnON OF CIVIL MARINE USERS AND EQUIPMENT

Civil marine navigation may be characterized by four specific phases: the
ocean, coastal, harbor and harbor approach, and inland waterway phases. CPS will
clearly.satisfy the requirements for oceanic navigation and almost certainly those
of the coastal phase. The harbor approach and harbor phase requirements are
significantly more demanding and it is not clear that they can be met with a low
cost CPS set. Requirements have not yet been defined for inland waterway
navigation.

Navigation requirements apply to all craft and we have selected a vessel of
50 meters length as representative of the class of users of low-cost CPS sets. For
a given speed, the roll amplitude and roll frequency tend to increase with
decreasing ship length. Consequently, for a given sea condition the increased
dynamics of smaller craft can be expected to place a greater burden on the GPS
set. Both moderate and calm sea conditions can be accommodated by the
MARINECPS simulation. It is anticipated that harbor approaches with narrow
channels will not be attempted in severe conditions.
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TABLE 3-1. CIVIL AIR USER CLASSIFICATION SCHEME

Class A

o IFR capability in all controlled (mixed, positive control, and high
density) airspace regions of the National Airspace System under
instrument meteorological conditions (only VFR flights may be
conducted in uncontrolled airspace).

o Equipped with dual, high quality avionics characteristic of cair carrier
and military aircraft.

Class B

o IFR capability in all mixed and positive controlled airspace regions
(requiring 3D-RNAV), except where Strategic Control procedures
(requiring 4-D-RNAV equipment) are in effect.

o Equipped with dual, high quality avionics characteristics of expensive
general aviation aircraft..

Class C

o Typically operates IFR in mixed airspace regions.

o Has nonredundant, medium quality avionics of limited navigation (20­
RNAV) and data link communications capability.

Class D

o Generally operates VFR in all low density terminals and mixed en route
airspace.

o Has low cost avionics without area navigation equipment.

Class E

o Typically operates VFR in mixed airspace only if within line-of-sight of
a radar site, otherwise operates in uncontrolled airspace.

o Has low cost avionics with VOR Navigation equipment.

Class F

o Operates In uncontrolled airspace with ground-based voice
communications and minimum VOR navigation capabilities.
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TABLE 3-2. GE;-.JERAL CHARACTERISTICS OF A CIVIL AIR USER OF.
LOW-COST GPS NAVIGATION EQUIPMENT

Cl~s C User - Typically operates IFR in mixed airspace
regions.

- Has nonredundant, medium quality av ionics
of limited (2D-RNAV) and data link communications
capability.

Typical, Aircraft - Twin Otter, Beech Baron, Piper Navajo

Maneuvers - Straight and level at accelerations up
to 0.2 g's.

- Climbs and descends up to 2000 ft/min.

- Standard 2-minute turns.

- Nonprecision approaches.

Bank Angle - 300
•

Maximum Speed - 210 knots over a fix or in terminal area.

Receiver /Processor . - C/A Code only, 1575.42 MHz.

Two channels: Navigation, Data. 1-
, " 2- One antenna.

- Aiding: None, initially.'

- Satellite Tracking Alg'orithm: Best Set
of Four, initially.

- Position Algorithm: 3-dimensional solution.

Notes:

1. Receiver architecture is patterned after (me Experimental Dual Channel
Receiver (EDCR) developed by the FAA.

2. Consistent with low-cost user application.
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TABLE 3-3. RECEIVER PARAMETERS - AIR

PARAMETER VALUE
NAV. CHANNEL DATA

CHANNEL

CLOCK

Clock Stability 1 X 10-80_3 Sec.) 1 X 10-80-3 Sec.)

CODE LOOP

Type Tau-Dither
Order 1st - .
Bandwidth 6 Hz
Damping Factor N.A.
Delay Prepositioning Yes
Satellite Dwell Time 0.220 Sec.
Dither Timestep 0.01 Sec.
Dither Code Shift ::0.5 Chip
IF Noise Filter Bandwidth 500 Hz

CARRIER LOOP ,

Type AFC AFC/Costas
;

Order 1st 1st/2nd
' ,

Bandwidth 10Hz 10Hz/20Hz
Damping Factor N.A. N.A.
Doppler Preposition Yes Yes/Yes
Satellite Dwell Time 0.220 Sec. N/A
IF Noise Filter Bandwidth 500 Hz 500 Hz/500Hz

NAVIGATION FILTER

Type Kalman
States 9
Observables Pseudorange

SATELLITES TRACKED

Satellites Tracked 4-b initially (up to 7 eventually)
Satellite Mask Angle 8 I'
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· Although we have limited our consideration to the navigation 'requirements
which apply to safety of navigation, there are additional benefits to be derived
from more precise navigation. Specific user applications, including commercial
fishing, hydrography, resource exploitation, search operations, law enforcement
and recreational sports fishing, can benefit from increased navigation precision.
The minimum performance necessary to achieve these benefits generally falls
between the requirements for coastal navigation and those for harbor approach and
harbor navigation. Consequently, if GPS can satisfy the more stringent harbor
approach and navigation requirements, .it will most likely yield the additional
benefits described above.

Table 3-4 shows the characteristics of the users and navigation scenarios
which will be used to address the main issues. Table 3-5 lists the
receiver/processor parameters which characterize the receiver to be evaluated for
the civil marine user. The parameter values listed in Table 3-5 were used as input
parameters to the Monte Carlo computer simulation MARINEGPS. MARINEGPS is
similar to AIRGPS in that the nonlinear receiver portions of the two simulations
are identical.' The receiver modelled for marine applications is patterned after the
Z-set. Parameters are chosen to be representative of a marine receiver. These
parameters (listed in Table 3-5) also serv-e to define the inputs to the error bound
software TSCERR.

3.5 CHARACTERIZATION OF CIVIL LAND USERS AND EQUIPMENT

Civil land use of radio location has been characterized by three operating
regions: rural, suburban and urban. The principal applications associated with each
of these regions are listed below.

Rural: The principal needs in rural'regions are for location identification for
emergency services, public safety, conservation and environmental protection,

" traffic safety data and highway data.

Suburban: The principal applications of radio location systems in suburban
areas are related' to automatic vehicle location, of transit and public safety
vehicles.'

Urban: The principal applications of radio location systems in an urban area
are the same as those in suburban regions, namely, transit and public safety. Urban
operation is characterized by much more adverse propagation conditions due to
increased electromagnetic interference (EM!) and signal blockage.

Unlike air and marine applications, no fixed set of minimum performance
requirements has yet been developed for civil land uses of radio location. A
tentative set of "minimum requirements" has been defined based upon current
estimates. These tentative requirements fall into two application classes: those
involving a static measurement and those involving significant user vehicle
dynamics. The latter class is believed to represent the more demanding
requirements and is the class chosen for the evaluation of GPS user set
performance.
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TABLE 3-4. GENERAL CHARACTERISTICS OF CIVIL ~VlARINE USERS·
OF LOW-COST CPS NAVIGA nON EQUIPMENT

Typical User - Freighter

Typical Craft- - 50 meter length, 750 tons

Maneuvers - Straight line at accelerations up to
0.05 g's

- Two-minute turn rate

\1aximum Speed· - 15 knots Roll-l5° amplitude with a 6 sec.
per iod, 50 in 'harbor areas.

Receiver !Processor - C!A Code only, l575.l/.2 MHz
- Single channel, navigation data
-- One antenna, fixed mounted
- .Satellite tracking algorithm, best set

of three
- Position algorithm: 2-dimensional solution.
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TABL::' 3-5. RECEIVER PARAMETERS - lvlARINE

PARAMETER VALUE

NAV. CH DATA
CH.

CLOCK
I X !0-80_3 Sec) 1 X 10-8Clock Stability

CODE LOOP
Type Tau,..Dither
Order 2nd
Bandwidth 0.30 Hz
Damping Factor 0.707
Delay Prepositioning . Yes
Doppler Prepositioning No
Satellite Dwell Time 0.68 sec.
Dither Timestep 0.01 sec.
Dither Code Shift + 0.5 CHIP
IF Noise Filter Bandwidth 300 Hz

CA RRIER LOOP
Type AFC AFC/Costas
Order 1st 1st/2nd
Bandwidth 10 Hz 10 Hz/l0 Hz
Damping Factor N.A. N.A.
Doppler" Preposition Yes Yes/Yes
Satellite Dwell Time 0.68 sec. "0.68 sec.
IF Noise Filter Bandwidth 300 Hz 300 Hz/300 Hz .

NAVIGATION FILTER
Type Kalman
States 6
Observables Pseudorange

SATEL LITES TRACKED
Satellites Tracked 3
Satellite Mask Angle 100
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Table 3-6 shows the characteristics of the users and scenarios which will be
used in this program to address the main issues. The receiver is pa tterned after
the FAA's Experimental Dual Channel Receiver, with parameters selected to be
consistent with the intended land application. The receiver parameters are given
in Table 3-7.
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TABLE 3-6. GENERAL CHARACTERISTICS OF CIVIL LAND USERS
OF LOW-COST NAVIGA nON EQUIPMENT

Typical User - Urban police, emergency medical service.

Typical Maneuvers - Straight line, constant accelera tion up
to 0.25 g.

- . 130 meter radius turn at 40 mph (0.25 g
radial acce I).

Maximum Speed - 55 mph.

Receiver Processor - CiA code only, 1575.42 MHz.
- Two channels, Navigation and Data.
- One-antenna, mounted on top of vehicle
- Satellite Tracking Algorithm: All-in-

view.
- Position Algorithm: To be determined.

o
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TABLE 3-7. RECEIVER PARAMETERS - LAND

PARAMETER VALUE
NAV.CH DATA

CH.

CLOCK
1 X 10-8 I X 10-8Clock Stability

CODE LOOP
(,

Type
.

Tau Dither
Order 2nd
Bandwidth 1.0 Hz
Damping Factor 0.707
Delay Preposi tioning Yes
Doppler Preposition.ing No
Satellite Dwell Time 0.5 Sec.
Dither Timestep 0.01 Sec.
Dither Code Shift .:!:. 0.5 Chip
IF Noise Filter Bandwidth 300 Hz

CARRIER LOOP
Type AFC AFC/Costas
Order 0 1st 1st/2nd
Bandwidth 10 Hz 10 Hz/17Hz
Doppler Preposition Yes Yes/Yes
Satellite Dwell Time 0.5 Sec. N.A.
IF Noise Filter Bandwidth 300 Hz 300 Hz/300Hz

NA VIGATION FILTER
Type Kalman
States 6
Observables Pseudorange

SATELLITES TRACKED
Satellites Tracked 4
Satellite Mask Angle " 100
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4. RECEIVER/PROCESSOR DESIGN ALTERNATIVES

4.[ GENERAL
This section describes some of the features of NAVST AR GPS receivers, how

they may differ to achieve [ow<ost status or be tailored to particular applications,
and how they may. change in the future.

4.2 RECEIVER IMPLEMENTATION

The NAVST AR GPS Interface. Document(7) leaves a number of design factors
unspec ified:

a. Mask angle - The elevation angle below which satellites are ignored.
Receiver designs up to now have generally chosen the mask angle to be
50 or 10 0

• However, in Section 5.2 it will be shown that an 80 mask
angle is the preferred value for 3-dimensional navigation.

b. Satellite Selection Algorithm - The selection criterion to determine
which satellites are chosen to derive the navigation solution.

c. Navigation solution - Four satellites are generally used to provide three
dimensions of position plus time. However, if altitude can be
determined by an independent method, only three satellites are needed.

d. Number of receiver channels - In principle, the number of channels
could be one to eight for the planned 18-satellite-plus-3-spares
constellation. The reasons for preferring different numbers of channels
are discussed below.

e. Receiver implementation technique - The choice of functions that could
be accomplished digitally is broad and is expected to broaden even
further in the future as faster circuitry comes down in price.

f. Tracker Implementation - The navigation tracker can range from no
tracker at all to highly adaptive Kalman filters. Alpha-Beta trackers
and fixed-gain Kalman filters form the intermediate choices.

The first three of these are discussed in Section 4.3. The others relate to the
implementation of the user equipment and are discussed below.

The high-quality receivers built in Phase I of the NAVSTAR GPS program
have four channels. A best-set-of-four satellite selection algorithm is employed,
so each channel is devoted to one satellite. This is termed "parallel" operation.
When a satellite sets, that channel is assigned to the next satellite chosen by the
selection algorithm. A parallel receiver is quite insensitive to user clock drift. A
marine receiver for ocean use can make use of the known altitude to operate with
three satellites. Although none have been produced in this manner, a three<hannel
parallel marine receiver is feasible. .
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A lower cost receiver can be achieved by using fewer channels, and "looking
{Ii)' the satellites one at a time. This is termed "sequential" operation. The Z-set

built during Phase I for low-dynamic aircraft use, has a single channel to
receive the signals from four satellites and d~de the data. One of these sets was
recently modified by the U. S. Coast Guard to operate with three satellites to
achieve two-dimensional navigation. The update interval is about ten seconds,
which is adequate for marine and most air applications, but marginal for aircraft
non-precision approach navigation.

For aircraft usage the single-channel receiver has two other dra wbacks that
led the FAA to explore a different design:

a; Long startup period - Typical "cold-start" acquisition can take up to 30
minutes.

b. High sensitivity to satellite fading - During turns, low-lying satellites
can be blocked by wing or tail, causing the set to change satellites. The
abrupt change results in erratic behavior of the station.

The Experimental Dual-Channel Receiver (EDCR) was built by Standard
Telecommunications Inc. It was then integrated with a navigation processor and a
data acquisition sys"m by Lincoln Laboratory and tested for the FAA Office of"
System Engineering • The receiver uses one channel for tracking all satellites in
view, and uses the other for data decoding. As a result, startup time is five
minutes or less, and satellite fades do not result in erratic position estimation.

4.3 SATELLITE SELECTION

Most designs to date have employed a best-set-of-four satellite selection
algorith!Tl----tQ-. ~hoose :f~ four satellites which give the lowest POOP
(POOP =JHDOP + VOOP ). Actually, the algorithm usually used computes the
volume of the tetrahedron formed by each combination of satellites taking four at
a time, and selects the constellation having the largest volume. This is believed to
select the constellation having the lowest POOP as well. .

To avoid blockage by terrain or obstacles, low signal-to-noise ratios resulting
from antenna pattern fold at the horizon and tropospheric noise, and multipath, a
mask angle is chosen, usually 50 or 100

, below which satellites are not included in
the navigation solution. The 000 sets use 50, but the FAA prefers 100

• This
choice is less significant when the all-in-view strategy is used, because noisy
signals can in principle be down-weighted in their effects on the position estimate.
The choice of mask angle affects the service outage time of a receiver, a s~bject

discussed in Section 5. It is shown there that an 80 mask angle is desirable.

, When altitude is known,. as few as three sate llites are needed for a so lution.
(20 Solution). In effect, know ledge of the altitude is tantamount to having an
extra satellite at the center of the earth. The navigation processor still performs
computations with four "satellite" pseudoranges. For an ocean-going vessel, the
distance of the antenna from the center of the earth can be approximated by the
height above an averagfI naterline plus the earth radius for that latitude as given
by the WGS-72 model . Errors resulting from tides, ship heave, and ship roll
and pitch are small. Inland marine or land receivers could use the three-satellite
solution if altitude could be entered manually. For aircraft, altimeter aiding could
provide this information (See Section 5).
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The EDCR (10) employs an all-in-view satellite selection strategy. All
satellites above the mask angle are used in the navigation solution. Each additional
satellite above four serves to improve the accuracy of the solution. As a result,
when one satellite fades, the solution does not change suddenly, nor is time lost in
acquiring new satellites. Of course, when only four satellites are visible, the
solution is identical to the best-set-of-four solution.

Figure 4--1 shows that the relative advantage of a 50 mask angle over a 100

mask angle -for a receiver using a three-satellite solution is not significant. This is
generally -true for receivers using four-satellite solutions, which can be seen in
Fi8ure 4--2. However, there are some locatbons where large HOOP's occur for the
10 mask angle that do not occur for the 5 mask angle. These outages are severe
enough and last long enough (l to 10 minutes) that receiver designers should
seriously consider using a mask angle below 100

• It is shown in Section 5.3 that
these outages do not occur using mask angles of 80 or l~ss.

There are several reasons generally cited for not employing satellites below
some mask angfe like 10°: (1) tropospheric effects, (2) higher multipath probability,
(3) low signal-to-noise ratio, and (4) increased probability of blockage by terrain.
In each of these the reduction of performance in using an 8°.mask angle rather
-than 10 0 is small, while the advantage of eliminating outage periods is considerable.

::::Also, therels little to be gained by going below gO. Therefore use of a mask angle
--9f about gO is strongly recommended for airborne receivers and other receivers
--using 4 satellites in the navigation solution.

The relative advantage of the all-in-view strategy is evident in Figure 4--3.
The HOOP's are about 30% better than with the best-set strategy. This is offset
somewhat by the fact that the processing of additional satellites requires shorter

:~:.dwell times, which means that noise-related errors increase. However, the HOOP
. :"is the dominant effect, so that accuracy improven:'ents of 20 to 25% are reasonable
';_~,Jo expect.

·4.4- TRACKER TECHNIQUES

Tracking is. performed in order to obtain user vehicle velocity estimates and'
smooth receiver output noise. Most trackers are first-order trackers, which means

, they project straight-line tracks. As a result, they estimate position to the outside
of the actual track on turns. Heavy smoothing results in excellent position
estimation performance under unaccelerated motion, but poor performance during
accelerated motion (including turns). Reduced smoothing improves performance
during accelerations, and reduces performance on straight segments of travel. In
principle, second-order trackers could ameliorate this problem, but in practice the
advantages are often not significant, because of the noisiness of the computed
acceleration terms. In the AIRGPS simulation model, a horizontal turn state is
included in the Kalman state vector.

4-.5 COMPARISON OF KALMAN FILTER & ALPHA-BETA TRACKER PERFORMANCE

4.5.1 The Navigation Processor

The navigation processor filters the random errors from the measurements
made to determine the user's position and estimates the position and velocity of
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the user vehicle. In filtering the measurements, the capability of position tracking
is lessened so that a trade-off must be made, depending on the amplitude of the
measurement noise and the accelerated motion of the vehicle.

The issue here is whether a simple processor like the alpha-beta tracker can
be used to track a vehicle performing a standard operation, without incurring
errors due to accelerated motion which exceed the bias errors in the GPS system,
or whether a more complex processor like the Kalman filter is needed' for the
output of GPS user equipment.

Errors· in the user estimated posltlOn are made when the pseudorange
measurements contain errors and when there is accelerated motion. The latter is
associated with the departure of the vehicle from straight line motion in the case
of the alpha-beta tracker and from a dynamical model in the case of the Kalman
filter. A fraction of the difference between the actual and expected
measurements is used to correct the user's position estimate, the size of the
fraction being determined by the confidence in the measurement.

4..5.2 The Alpha-Beta Tracker

The model used for this tracker is that of a vehicle travelling at constant
velocity. Differences in po·sition and velocity from this model, as determined by
measurements, are used to correct the model estimate (usually called the
propagated values) of position and velocity as follows:

x =H.R-meas

x (k):::x(k-l) + tx(k-l)-p - -

x(k) =x (k) + alpha(x (k) - x (k))- -p -meas-p

x(k) ::: x(k-l) + (beta!t)(x (k) - x (k))- - -meas-p

k is the number of measurement intervals from t = 0

(4.-5)

(4.-4)

(4.-2)

(4.-3)

H transforms the measurement vector R into the posi tion measurement vector
x-meas

t is the measurement interval

t/beta is the response time of the alpha-beta tracker

alpha is determined from beta for damped tracking

~p(k) is the propagated position

~(k) is the fil te red position

~(k) is the filtered velocity

It can be seen from equations 4.-3 and 4.-4. that decreasing alpha and beta
filters the measurement noise and produces a response lag to motion which departs
from the model. On the other hand decreasing t tends to decrease (x - x ),
thus decreasing the bias. errors encountered in a maneuver. Alpha i;m~Jsen-~o
critically damp the filter output.

4.-4.
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this version, an acceleration sensor or' measurement error threshold is used to
change alpha from a low value in straight passages to 1.0 in curves, thus affecting a
filtered navigation system which does not overshoot on turns.

4.5.3 The Kalman Filter

The Kalman filter can model position, velocity and acceleration states. It
can also model clock errors and user trajectory errors separately from
measurement errors. In the Kalman filter demonstrated here, acceleration states
are not represented, but clock time and frequency states are present. A one-to­
one comparison of the Kalman filter with the alpha-beta tracker here is not
strictly possible, since the treatment of the two filters for use with a sequential
receiver differs. The alpha-beta tracker waits- to accumulate four independent
measurements and then corrects its propagation estimates. The Kalman filter
corrects its propagation estimates every measurement interval, essentially using
four measurements of age 0, 1, 2, and 3 intervals. For the same measurement
interval, this makes it more responsive to accelerations than the alpha-beta
tracker.

, Modification of the alpha-beta tracker to use measurements ranging in age
from 0 to 3 measurement intervals should bring the performance closer to that of
the Kalman filter. Use of the switched tracker should also improve performance.

1j..6 SIMULAnON RESULTS FOR KALMAN FIL TER AND ALPHA-BETA TRACKER

Figures 4-5 to 4-8 show the performance of an alpha-beta tracker and
Kalman filter on GPS receiver data taken during a simulated 900-second voyage in
which a ship proceeds on a straight line course at 10 knots, begins a 90 degree turn
at 540 seconds, and continues a straight line course at 631 seconds. The data for
these figures are taken from a related project (Reference 32). The trajectory is
shown in Figure 4-4.

, Figure 4-5 shows navigation errors for an alpha-beta tracker with
alpha = beta = 1. That is,: course corrections are made assuming the pseudorange
measurements to be error-free. The fluctuations represent pseudorange
measurement errors. In essence, the tracker has been removed. The fluctuations
prior to 270 seconds are transients due to the coldstart behavior of the tracker.
Figure 1j.-6 shows the errors for an alpha-beta tracker optimized for low
accelerations (alpha =.3). The tracker shows good noise-reduction during the
straight legs but a large error is introduced during the turn. Figure 4-7 shows the
results for a switched alpha-beta tracker in which the transient error in the turn is
attenuated but a residual error due 'to unmodelled acceleration is present. Figure
4-8 shows the results for a Kalman filter with no acceleration states in which the
measurements are incorporated into the position estimate at each measurement
interval.

It appears that alpha-beta t~ackers can provide adequate performance for low
dynamics vehicles such as ships in'which accelerations are typically less than 0.05
g's.

4-8
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Alpha-beta trackers are simple fixed-gain trackers, since the alpha and beta
terms are selected to best match the combined effect of vehicle dynamics and
measurement noise. They are considered to be less expensive than Kalman filters
to implement, but this advantage is expected to disappear in future receiver
designs (see Section 4.5). They can be made adaptive by adjusting the values of
alpha and beta in real time. One way to do this is to have an acceleration term
computed, such that when acceleration exceeds a certain threshold value, alpha
and beta are set to unity (equivalent to no tracking). When the acceleration
detector drops below the threshold, the terms are restored to their previous values.

;y"he Kalman filter can be fixed or adaptive. The MARINEGPS and AIRGPS
employ filter gain terms that are fixed in the sense that the expected "process"
noise and measurement noise terms are not dependent on the real-time behavior of
the position estimates. However, they do change with satellite elevation angle,
unlike the alpha-beta tracker. Furthermore, the Kalman filter separately weights

.the effects of vehicle dynamics and measurement noise, again unlike the alpha­
beta tracker. To be adaptive in real time, the gain terms should vary with the
history of the "residuals." The Z-set navigation processor does this, and
sophisticated processing includes this feature. The simulation -models are adaptive
only insofar as they down weight measurements which differ from predicted values
by a predetermined amount. This reduces the effect of occasional bad
measurements.

4.7 FUTURE RECEIVER DESIGNS

Phase I designs employed analog components to a large extent, using them to
perform code-tracking, carrier-tracking, automatic gain control (AGC), and code
and carrier detection functions, as well as front end radio frequency (RF) and
intermediate frequency (IF) tasks of signal filtering, correlation and amplification.
Phase III equipment and the EDCR perform all except RF, IF, and correiator
functions digitally. Eventually IF and correia tor functions will be performed by
fast digital circuits as well, which will reduce costs and increase sophistication.

Microprocessors are progressing rapidly in speed and capability due to the
mass market for microcomputers and other consumer applications. As a result, it
can be anticipated that much more capability will be possible -in receivers at a
given cost. Bradley '-t~~ersity recently completed a study for this project on
microprocessor loading • The following results are excerpted from that study.
The GPS processing work load· was divided into functions performed at several
different rates: .

a. Very Frequent (I kHz): analog-to-digital conversion, tracking function.

b. Frequent (50 Hz) : data decoding, statistics, keyboard, ampli tude
estimates.

c. Occasional (I Hz): Satellite state update, navigation updates,
pseudorange prediction, position estimates.

d. Infrequent (0.01 Hz): ephemeris computations, complete navigation
solution.

4-14



Each function was analyzed to determine the precision required and the
number and type of arithmetic operations involved. Several efficient
microprocessors were considered: their register size, data bus size, and maximum
speed. All this information was analyzed in a computer model for both Kalman
filtering and alpha-beta tracking.

Table ~-l shows the capabilities of a number of current and planned
microprocessors. The "processor class" refers to the register and data bus sizes:
16/8 means the registers use 16 bits and the data bus uses eight. Tables ~-2 and 4-3
show the amount of time per second required for each task for each
microprocessor. When the total time per second exceeds one second, the "duty
cycle" exceeds 100%, and more than one microprocessor is required.

Table ~-2 addresses a land or marine application, where altitude is not
tracked. It can be seen that several 8-bit processors are needed, operating in
parallel. However,. with the new 68000 microprocessor, all functions can be
performed with a single microprocessor. The 68000 can be programmed to perform
the high-precision navigation solution computations without the need of a floating
point co-processor, and the nu mbers in the table include these co rnputa tions. Since
co-processors are expensive compared to microprocessors (e.g., $200 vs $20), this is
a significant cost savings. Table ~-3 shows the corresponding numbers for an
airborne receiver. Note that a single 68000 still performs all the functions,
whereas up to six microprocessors would be required for 8-bit designs.

The tables also demonstrate that while alpha-beta trackers have a
measurable cost advantage for the less capable microprocessors, this advantage all
but disappears with the advanced processors. Therefore, the added costs of
incorporating high sophistication in a receiver will be limited primarily.'· to up-front
program costs, which will be negligible when amortized over a production run.
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TABLE 4-1. MICROPROCESSOR SPECIFICAnONS

PROCESSOR PROCESSOR MS PS MPY DIV CLOCK
CLASS MODEL micro sec micro sec: mic:ro sec: micro sec: m Hz.

8/8 6502 2 .5 . . 2

16/8 8085a·2 2.6 .8 . .' 5

16/8 68b09 15 .5 5.5 . 2

32/16 68000 .87 .27 4.6 10.5 IS

32/32 68000/32 .87 • .27 4.6 10.5 IS

- -,

MS

PS

MPY

DIV

•

- time for extended address memory to register. word of bus length

- time for register to register instruction

- time for register/register multiply

- time for register/register divide

MS time is for 32·bit register/memory instruc:tion, 68000/32
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TABLE 4-2. MICROPROCESSOR LOADING, LAND/MARINE APPLICATION

PROCESSOR TASK GROUP TIME SECONDS DUTY PERCENT
1 KHZ 50 HZ 1HZ .01 HZ

.4 . 1.9 .39 270
6502 .0033

.11- 247 -

.45 , 287
8085A-2 .52 1.9 .0008

.23 - 265 -

.13 116
68b09 .5 .53 .0007 .

.065 - 109 -

.019 33
68000 .15 .16 .00015

.0075 - 32-

.014 29
68000/32 .15 .13 .00013

.0048 - 28 -

1. Nav update once per/sec
2. 4 satellites track
3. 6 filter states
4. - indicates Alpha·Beta Tracker
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TABLE 4-3. MICROPROCESSOR LOADING, AVIAnON APPLICAnON

PROCESSOR TASK GROUP - SECONDS DUTY PERCENT
1 KHZ 50 HZ II'lZ .01 HZ

1.6 500
6502 .6 2.8 ,0047

.4 • 380 •
1.7 540

8085A·2 .78 2.9 .ooll
.53 • 420 •
.49 203

68b09 .15 .79 ,0010
.16 • 170·
.07 53

68000 .22 ,24 ,00022
.019 • 48 •
,060 48

68000/32 .22 .20 ,00018
.012 • 43 •

1. Naviplion solution updated once/sec
2. 6 sateJlites tracked
3, 12 filter stales
4. • indicates result for Alpha-Beta tracker
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5. SERVICE OUTAGES

5.1 GENERAL

In this report a service outage is considered to exist when the HOOP for that
user receiver exceeds 6. The horizontal measure HOOP is used, because most
applications primarily use latitude/longitude information rather than altitude. It
was shown in Section 4 that service outages are relatively rare. However, for some
users such as aircraft operators even these rare outages can cause a problem if
they last more than 5 minutes or so.

There are several conditions which can cause service outages:

1. Satellite failure.

2. Unfavorable geometry of satellite constellation with a minimum
number of satellites.

3. Signal blockage due to terrain or buildings.

4. Signal blockage due to change in vehicle attitude (such as blockage by
an airplane wing during a turn). This is a short-term effect.

The proble·m .of terrain blockage could be problematic for airports in
mountain valley areas. Structures causing blockage in the vicinity of airports are
not likely to. cause a problem because airport construction policies restr ict the
construction of buildings in the approach area (See Figure 5-0. For marine and
land users, bridges, tunnels, and buildings can block satellite signals.

For a user who has a method of automatically informing the receiver of
altitude, only three satellites are needed to obtain a position solution. Such a user
is called a 2-D user, since he is using GPS to obtain 2-dimensional position
information. Marine user receivers can employ models of the earth geoid to obtain
this altitude input, and for some land. applications this information is av.ailable.
Without an independent altitude input, the NAVST AR system must compute all
three position coordinates, even though only two may be of interest to the user.
These users are called 3-D users, and their receivers require four operating
satellites to obtain a position measurement. If only three satellites are visible, 3-D
users will experience an outage, because the HOOP is infinite; 2-D users, on the
other hand, will not. Thus for 3-D users the NAVSTAR GPS must provide a
mninimum of four visible satellites in a favorable HOOP geometry; similarly a
minimum of three visible satellites are required for 2-D users.

When only four satellites are visible,· outages may still occur for 3-D users if
the satellites are, almost coplanar. ·In such an unfavorable geometry, the HOOP
becomes very high, and outages occur which can last up to 30 minutes or more.
Similarly, for 2':'0 users unfavorable geometries occur when the three visible
satellites and the user are almost coplanar.

There are three possible· methods of dealing with these outages, each of
which has limitations or is expensive:

1. For 3-D users an encoding altimeter can supply altitude information, in
effect making them 2-D users.
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2. A high-quality external clock can be inputted to the receiver, enabling
"coasting" through long outage periods.

3. A lower mask angle can be employed, which reduces or eliminates the
duration of the outage.

4. The receiver can "coast," relying on the internal clock to ''hold'' the
time solution for a period of time.

The first two are costly, especially to general aviation or small cornmerci.:il marine
users. The last two have performance consequences which limit their
effec tiveness.

By employing a lower mask angle, a receiver will see satellites for a longer
period of time, thus reducing or eliminating the outage periods. However, this
advantage is accompanied with a performance loss. The receiver antenna pattern
generally falls off at low elevation angles, which lowers the signal-to-noise ratio
and increases the measurement uncertainty. Signal blockage and reflections of
satellite signals from earth-based objects cause range errors in low elevation
satellite signals. The minimum usable elevation angle (MUEA) thus depends on the
environment. The imposition of a mask angle, i.e., an elevation angle below which
a satellite signal is ignored, ensures that a satellite signal will not be used when it
is likely to be erroneous. However, in selecting a mask angle, these considerations
should be balanced against the advantages to be gained by reducing or eliminating
outages.

By coasting with the clock, the position solution error will remain small until
user clock drift begins to cause the solution to wander. Clearly, the better the
short-term stability of the clock, the longer the coasting period will be in order to
maintain a given accuracy.

This section addresses the conditions under which outages occur, the periods
of the outages, the accuracy required by external altimeter or clock inputs, the
user clock requirements for coasting, simulation results which demonstrate clock
coasting, and the effects 0.£ mask angle variations.

5.2 SPARING STRATEGY

The recent JPO decision to rephase the three active spare satellites with the
6-plane, 18 satellite constellation will enable· uninterrupted service within the
CONUS for users who utilize all satellites with elevation angles greater than gO.
The configuration of 18 satellites with three active spares is detailed in Figure 5-2.
Figure 5-3 shows the time· variation of POOP for the 18 satellite-only constellation
for atypical observer in CONUS. Note the singularity of POOP at approximately 2
and 15 hours for times lasting approximately one half hour. These outages arise
when the visible constellation consists of 4- coplanar satellites. Figure 5-4 shows
the time variation 6f POOP for the 18 satellite constellation of Figure 5-2 with 3
active spares. In this case POOP is less than 6 for the whole of the CONUS. The
deploy ment transfers the outages to other parts of the world which will then

·contain time variations of. POOP similar to those in Figure 5-3.

Figures 5-3 and 5-4- apply to a receiver utiliZing a best-set-of-four satellite
selection strategy, a 3-dimensional navigation solution, and a mask angle of 5°; this
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FIGURE 5-3. POOP VARIATION - 18 SATELLITE CONSTELLAnON,
3-DIMENSIONAL SOLUTION, 5° MASK ANGLE (950 W/350N)
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3-DIMENSIONAL SOLUTION, 5° MASK ANGLE (95

0
W/350N)

5-6



represents a typical design for an airborne receiver. If the :nask angle is 100, a
figure preferred by the FAA, the spar ing stra tegy is not totally effective. Figure
5-5 shows the HOOP distributions for the two mask angles. It can be seen that
there still remain outage periods for the 100 mask angle receivers. A closer
examination reveals there are five locations that experience outages varying in
time from 1 to 15 minutes. The time var iation of one of these is shown in Figure 5­
6 for 500 North Latitude and 850 West Longitude at about 9:4-5 hours GPS time.
Whether the· receiver can "coast" through such brief outages is discussed in Section
5.4-.

The outages discussed above do not apply to receivers that have independent
altitude determination, i.e., either by altimeter input or by employing a two­
dimensional navigation solution such as that employed by ocean-goine vessels.
Figure 4--1 shows that all HOOP's are below 2.5 for mask angles of 50 or 10 •

In the case of failure of a satellite or signal blockage due to buildings or
terrain or vehicle attitude, there may be periods in which less than 4- non-coplanar
satellites are visible to the user. These periods will vary from 60 seconds in the
case of turning aircraft, to 20 minutes for satellite failures where a spare has been
proper ly· positioned, to periods in excess of an hour in the case of failures where
the spare has not yet been moved or where failure occurs in a plane in which there
are no spares.

5.3 DEPENDENCE OF OUTAGE ON MASK ANGLE

The choice of mask angle in the precision design affects the length of time a
receiver will experience an outage. Figure 5-7 shows the maximum contiguous
outage period for a 3-D user (a 3-D navigation solution requires the use of 4- visible
satellites) as a function of mask angle. It can be seen that reducing the mask angle
from 10 degrees to 8 degrees reduces the maximum 3-D outage time from 20 to 0
minutes. In a fully operating system a 3-D receiver able to see satellites above 8
degrees will thus have no outages.

Figure 5-8 shows the maximum contiguous outage period for a 2-D user (a
2-D navigation solution· requires the use of 3 visible satellites) as a function of
mask angle. From these data it is concluded that 2-D operation for mask angles
less than 12 degrees will encounter no outages.

The mask angle can be increased from 8 to 10 degrees for the 3-D user
equipped with a c1o~k having errors less than 300 nanoseconds for an outage period.
of 20 minutes (10- stability). Similarly, the mask angle can be increased to 15
degrees for the 2-D user equipped with a similar clock.

In summary, with a full constellation of 18 satellites and 3 active spares,
outages can be eliminated by employing mask angle of 8 degrees or ~~ss for 3-D
users, and 12 degrees or less for 3- 0 users. By using clocks with 10 frequency
stability over the period of tens .of minutes, receivers can coast through limited
outage periods. For these receivers, mask angles of 10 and 15 degrees can be used
without incurring unacceptable errors.
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5.4- DEPENDENCE OF NAVIGATION ERRORS ON CLOCK ERRORS

A fixed observer may calculate his position from the four arrival times of
four satellites and the known positions of the four satellites. For a four channel
receiver, the changing positions in time of the satellites during the spread of
arrival times (less than 0.02 seconds) can be estimated from their known velocities.
During this period, ~e receiver clock must be able to measure time to the required
range ac::curacy (10- sec.). .

If the receiver is sequential, the measurement of signal arrival time for each
sa te Ilite may require one second, so that a three-second spread occurs between
measurements. The clock must have good frequency precision (not accuracy) for
three seconds in order that there be nanosecond estimated delay errors.

If the observer is on a moving vehicle, the use of a Kalman filter permits the
user to add user velocity states to predict position. The addition of a clock state
to model the expected inaccuracies of the user clock decreases the effect of those
clock errors which fit the clock model.

While four or more satellites are available to the user, the clock must be
stable to nanosecond accuracies over periods of three seconds. The errors due to
longer term variations in the clock can be modelled by the Kalman filter and
greatly reduced. The phase fluctuation of the clock caused by mechanical
vibrations is the principal contributor to navigation errors in this mode of
operation.

When only three satellites are available to a 3-D user, the processor can
"coast" using the clock to provide accurate system time. The clock accuracy
should not exceed the sum of the contributions of range error from other sources,
such as Selective Availability, during the period that only three satellites are
available. The coasting period may be 30 seconds in the case where a satellite is
lost from view in a maneuver. It may be of the order of 20 minutes in the case of a
coplanar constellation configuration or longer in the case of a failed satellite.
Here, it is the variation of frequency of the clock that provides the largest
contribution to navigation error.

For the periods of interest in computing navigation errors due to clock errors
(3 seconds, 30 seconds, and 1000 seconds), we may a ttr ibute the clock errors to
environmental effects only. In the case of crystal clocks, acceleration forces
result in a hysteresis effect for a net frequency shift even when the mean force is
zero. Thermal changes also cause a frequency drift. Atomic clocks are usually
well isolated from temperature effects but are subject to frequency pulling by
changing magnetic fields produced by adjacent equipment.

Essentially, the cost of the clock is determined by the equipment used to
isolate it from the environmenm) Some details on_fdocks are given in Appendix D.
A clock with Allan Variance better than 10 may be used f<;>r long term
outages (1000 seconds). Such a clock will cost more than $2500. Thirty second
outages of the type that ~ccur during a maneuver by a civil aircraft, require a
variance of the order 10-. A $250 temperature-compensated crystal oscillator
satisfies ~his .requirement. For a s,i~gle satel~~le outage, of ,1200 sec~n?s, the clock
must rnamtam a. frequency stabdlty of 10 to mamtam a posltlOn error of
the order of 4- meters. An outage of 30 seconds requires a frequency stability of
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4XlO- 10 for a similar position error. An example i~Jl~iven in Appendix I for a 1000
second outage, good PoOP and a clock offset of 10 resulting in a horizontal error
of 15 feet. Figure 5-9 shows the relationship of clock offset and outage time to
position error during an outage with the constellation shown in Appendix H.

5.5 SIMULAnON RESULTS FOR CLOCK AIDING DURING MANEUVER OUTAGE

The AIRGPS simulation was used to examine navigation filter performance
under conditions of turning flight.. In this situation, the filter has to cope with both
turn-induced acceleration and the degraded signal quality which results from
antenna pattern roll-off and airframe blockage. Four different aircraft
trajectories were used. The trajectories involve both standard-rate turns and turns
made at twice the standard rate. Several levels of user clock quality were used in
order to observe the effect of clock stability on navigation solution accuracy. The
runs also incorporated conditions of both nominal and poor GOOP.

The turn performance of the AIRGPS navigation filter was evaluated using
four different flight trajectories. The first three trajectories involve racetrack
patterns while the fourth begins with a descending turn followed by a descending
straight-line segment. In each case the filter is initialized at the start of the run
to approximate steady-state, unaccelerated flight conditions with a nominal GOOP.
The salient features of the four flight trajectories are listed in Table 5-1.

TABLE 5-L FLIGHT TRAJECTORY FEATURES

TRAJ. TURN BANK TURN RUN
NUMBER ~ TAS ~ ANGLE ACCEL. DURATION, ALTITUDE

.
.,

24° 0.44g 200 secI Nominal 160 Kts 2 min Constant
2 Nominal 160 Kts I min 41° O.SSg lOa sec Constant

.. ," 3 Poor 160 Kts I min 41° O.SSg lOa sec Constant
- ~',

4 Nominal 160 Kts 2 min 24° 0.44g 90 sec Variable

( -10The navigation processor outputs for these runs with a 10 user clock
stability) are shown in Figures 5-10 through 5-13. A summary of the data is given in
Table 5-2.

The data are consistent in that they show the proper navigation errors for
those satellites which are blocked in the turns and the proper acceleration errors
for this Kalman filter. In runs 112 and fl3, the horizontal acceleration errors
obscure the effects of going from a good HOOP to a poor HOOP, but the vertical
errors do show the variation with VOOP. Details of these simulations are given in
Appendix F;

5.6 MAINTAINING THE NAVIGATION FIX WITH ALTIMETER AIDING
,

It has been stated ear Her that knowledge of a user's altitude from an
indep~ndent source enables him to compute his position and system time from only
three satellites. We wish to investigate the accuracies and cost of altitude
measuring instruments and how inaccuracies in altitude, so determined, affect the
accuracy of the three satellite GPS navigation fix. The GPS rms error in
horizontal position resulting from an ftWmeter error is of the order of the
altimeter error times the average HOOP. .
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TABLE 5-2
AIRGPS SIM ULATION RESUL TS, MAN~~JVER OUTAGE

CLOCK STABILITY = 10

2DRMS ERRORS (m)

1ST I 2ND I TOTAL
TURN STRAIGHT TURN STRAIGHT RUN

BASELIN E-OIFFER EN TlAL
3°/5 15.76 13.62 14.909 10.70 13.00
GOOP = 2.48
HDOP = 1.29
VOOP = 2.12

6°/5 32.82 15.90 30.70 17.18 27.00
GOOP = 2.48
HOOP = 1.29
VOOP = 2.12

6° /5 54.92 56.84 33.74 17.82 44.00
GOOP = 21.24-15.69
HOOP = 9.76;'7.23
VOOP = 18.86-13.93
HIGH C/N POOR GOOP

°

3°/5 16.38 14.48 - - 15.00
GOOP= 2.48
HOOP = 1.29
VOOP = 2.12

2-SIGMA ALTITUOE ERROR (m)

TURN
RATE

3° /5 Run 1 9.98 H.52 12.18 . 10.70 11.00

6° /s Run 2 17.48 6.68 12.02 8.82 12.00

6° Is Run 3 95.84 105.80 65.58 22.50 80.00

3°/5 Run 4 13.22 14.28 - - 13.00
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A barometric altimeter computes the static barometric pressure from the
dynamic pressure measured at the static ports of an aircraft. Aside from the
errors in re la ting the dyna mic and static pressures occurr ing when there are
changes in aircraft altitude, and speed, the pr incipal error in determining the
aircraft altitude, using a barometric altimeter, is the variation of lapse rate (the
relation of the static pressure to altitude) if) time.

The mean altitude errors resulting from the variation in lapse rate are
estimated to be 3% of the altitude. An aircraft at 40,000 feet may expect altitude
errors of 1200 feet while an aircraft at 1,000 ft wiJJ have an altitude error of 30 ft.

A radio altimeter measures the propagation time of a signal transmitted from
the aircraft, then reflected from the ground to the plan. The altitude is
proportional to this time interval. The nature of the terrain and the altitude itself
determine the accuracy of the measurement. Pulsed transmitters can differentiate
areas immediately under the aircraft from other areas by time discrimination,
while FM systems average over a larger area of terrain.

Radio altimeters are used primarily below 5000 ft above local ground. The
errors present in the system are terrain dependent but average errors of 2% of the
altitude may be expected. For altitudes of 1000 ft to 5000 ft, average errors run
from 20 ft to 100 ft. Present costs of an encoding altimeter are about $2,000 for a
barometric instrument and $3,500 for a radio altimeter.

The barometr ic altimeter has an accuracy at high altitudes which is far less
than that necessary to produce four-satellite navigation fix of normal accuracy. In
spite of this limitation, the requirements for la~al separation of aircraft
specified in the Federal Radionavigation Plan (FRP) are such that the three­
satellite-fix with barometric altimeter aiding, has sufficient accuracy to be
acceptable. Table ~-3 compares the expected accuracy of GPS with FRP
requirements. Table 5-4 summarizes the user coverage requirements.
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TABLE 5-4. GPS USER COVERAGE REQUIREMENTS

LAND USE

Normally needs only 3
visible satellites.

MARINE USE

NormaBy needs only 3
visible sateUites.

AIRCRAFT ENROUTE

NormaBy needs 4
visible satellites.

AIRCRAFT APPROACH LESS
THAN 1000 FT. ALTITUDE

NormaBy needs 4
sateJIites.

Terrain and building
blockage may require
more visible sa tellites
or a good clock.

High sea sta te or
harbor operation may
cause blockage and
more visible sateUites
or a good clock are required.

In case of satellite failure,
an encoding altimeter will
provide accuracy necessary
for FRP "requirements. A good
clock wiB provide normal
GPS accuracy.

Encoding altimeter or a
good clock will provide
normal GPS accuracy in case
of satellite failure or
blocking by terrain or
buildings.
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6. SATELLITE FAILURES

6.1 GENERAL

With the recent decision to place the three spare satellites in positions which
reduce the geometric outage periods across the CONUS, as noted in Section 5, the
amount of time fewer than five satellites are in view has also been reduced.
Figures 6-1 and 6-2 show that 5 or more satellites are in view at least 98% of the
time. It would thus appear that the NAVSTAR GPS satellite constellation should
be fairly forgiving of a satellite failure. That is, if a satellite becomes non­
operational through exhaustion of fuel, clock failure, power supply failure, or some
other fatal cause, the periods of time when fewer than four satellites are visible,
or when the geometry results in high HOOP's, should be minimal. However, upon
further investigation it turns out that a failure 061> single satellite causes outage
periods that can last as long as an hour. Shively pointed this out earlier, using
spare positions that had been planned prior to the recent decision.

Shively also pointed out in another study (16) that the probability of
continuous navigation service from all 21 satellites is not as high as might be
expected. Using an MTBF for long-term failures of 10 years, the probability of
having at least four satellites in view over a given location for a year is only 95%,

•and for 10 years is only 70%.

The computer analysis programs at TSC have been modified to output the
DOP measures and the visible satellite count, using the new spare positions and
allowing for failure of a specific satellite. In the analysis, each of the 21 satellites
is faulted, and outage periods determined at a number of locations around the
.CONUS. Both 2-dimensional and 3-dimensional navigation algorithms were
analyzed, for both 5 and 10 degree mask angles. It was found that the loss of any

':":satellite will cause an outage somewhere in the CONUS. The outages can last up
,to 60 minutes.

In view of the sensitIvIty of GDOP to the loss of a satellite, and because of
the relatively high likelihood of experiencing such a loss, the system does not
appear to be adequate as a primary system for air navigation. Unlike the current
VOR air navigation system, GPS does not have the capability of 100% redundancy
for dealing with station faults. For most marine and land uses, the availability is
adequate for all but the most stringent requirements. Also, GPS appears to be
adequate as a secondary system for air navigation.

6.2 EFFECT OF SATELLITE FAILURES ON SERVICE OUTAGE PERIODS

When a satellite ,fails, there may be periods for some users when there are
fewer than the minimum number of satellites necessary to compute a position. For
example, about 2% of the time there are four satellites in view for the normal
situation of 21 operating satellites and user mask angle of 100 (see Figure 6-1). This
drops to 0.03% for a 5° mask angle (see Figure 6-2). If o'ne of those four satellites
suffers a failure, users attempting to obtain 3-dimensional position fixes would not
be able to compute their positions. In essence, the GDOP is infinite. This is one
condition for an outage.
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Even if four satellites are visible for these users, they may be almost
coplanar. This is the geometrical condition for the outages discussed in Section 5.
For this condition, a 3-D user will experience high COOP's. Similarly, when 3
satellites are visible, even a 2-D user can experience high HOOP's when the
satellites are almost .colinear.

For the purpose of this report, an outage isde.fined as the period during which
the HOOP exceeds 6. The results are not sensitive to the number selected as the
threshold value. The remainder of this section is devoted to .describing the results
of the analysis.

A grid was defined across the CONUS every 10 degrees in latitude and
longitude. HOOP values were computed every 10 minutes for a 24-hour period at
each location on the grid. Each time an HOOP value exceeded 6, a lO-minute
outage time was ascribed to the location. The outages were analyzed to see if they
were contiguous in time, in order to gain a measure of the maximum outage time
at each location. Outage maps were generated which describe both the total
outage period and the maximum outage time. These maps wee generated for each
of the 21 satellites being faulted. In addition, a number of runs were made to

. determine the effects of different receiver mask angles, and for 2-D and 3-D
navigation. solutions.

Satellite failures are not uniform in their effects on CONUS outages. That
is, some satellites cause more and longer outages than others. However, a failure
of any satellite causes outages somewhere in the CONUS. The longest outages in
the CONUS occur when satellite 112 fails (see Figure 5-1 for the satellite numbering
system). Figures 6-3 through 6-5 show the total daily outage time for 3-D users
with 10, 8 and 5 degree mask angles, respectively, caused by a failure of satellite
112. It can be seen that receivers employing lower mask angles are more forgiving
of the satellite failure. The longest outage time for a 5 degree mask angle is only
20 minutes, while it is 60 minutes for a 10 degree mask angle. Figure 6-6 shows
that the outages are nonexistent for 2-D unsers in the CONUS even for a 10 degree
mask angle.

While the total outage time is significant, it is equally important to
determine the length of the longest outage which a user would experience. Then
the effectiveness of coasting techniques can be assessed. It also fixes the period of
time that a user might be without coverage for a given mission. Figures 6-7
through 6-9 show these periods, which are termed "maximum contiguous outage
times." It can be seen that these periods do not exceed 40 minutes for a 10 degree
mask angle and 20 minutes for a 5 degree mask angle. These results apply for
failul7es of other satellites as well.

The results so far have concentrated on the worst-case assumption of a
failure of satellite 112.. However, a failure of any satellite is equally likely. It
would be desirable to determine outage times more representative of typical
failures, not just those for satellite 112. In order to provide such data, outage times
were computed at each grid position for a failure of each of the 21 satellites. The
average outage time at each grid position was then computed. Figures 6-10 to 6-12
show the average outage times for 3-D receivers for mask angles of 10, 8 and 5
degrees. Comparison with corresponding Figures 6-3 to 6-5 shows that a failure of
satellite 112 is considerably more serious than a failure 'of an average satellite in
most locations.
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The coarseness of the grid and the lO-minute time interval make it difficult
to observe the patterns of outages. However, the cost of computation made five­
grain analysis as contour plots prohibitively expensive. To show a local area in
more detail, a grid of 2.5 degrees and 5 minutes was used for a few locations. A
contour map of contiguous outage times for a local area having. the longest outage
time for 112 satellite failure is shown in Figure 6-13. At 30 degrees latitude, the
area extends for 10 degrees latitude and 10 degrees longitude.

6.3 CONCLUSIONS

The failure of any satellite causes outages somewhere in the CONUS.

Different locations in the CONUS exhibit different sensitivities to satellite
failures.

•3-D users may encounter outages of up to 30 minutes from a single satellite
failure.

2-D users may encounter outages of up to 20 minutes from a single satellite
failure.

The failure condition may last for several days until a spare satellite can be
put into covering position. For those orbital planes containing no spares, only
partial covering can be provided until a new satellite can be launched and placed in
orbit.

3-D users must provide clock or altimeter aiding to cope with 20- and 30­
minute outages in case of satellite failure.
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7. SELECTIVE AVAILABILITY

7.1 GENERAL

While many aspects of the Selective Availability program are classified, it is
known that there are two types of errors to be used: (1) errors which would cause
position measurements to wander; (2) errors which would confound velocity
me~surements.

The current plan promulgated by the NAVST AR GPS Joint Program Office
calls for a horizontal position accuracy of 18 meters (2drms) with the Precti.~

Positioning Service (PPS) and 500 meters with the Standard Positioning Service
(SPS) when the system becomtv)operational in 1988. This policy is stated in the
Federal Radionavigation Plan . PPS will be available to civil users only by
special permission. Most users will have access to the SPS only. Higher levels of
Selective Availability, i.e., less accuracy, could be employed if security
considerations required them. The more likely series of events is that the
Selective Availability level will be reduced, eventually enabling SPS having
accUfffles approaching 20 meters (2drms). Beser and Parkinson of Intermetrics,
Inc., for example, postulated a possible enemy potential navigation capability
scenario that would allow reductions in the Selective Availability level starting
about 1990. Thus it is reasonable to anticipate marked improvement in available
NA VSTAR GPS accuracy during· the 1990's. The decision to introduce SPS at the
500 meter level is not irrevocable, so it is important to identify the beneficiaries
and the impact on their operation of higher accuracy Selective Availability levels.
There are a discrete but large number of levels that can be" activated by the
NAVSTAR GPS Control Segment between 500 meters and 20 meters.

(kamination of the requirements set forth in the Federal Radionavigation
Plan shows that the 500 meter accuracy level of the SPS is adequate for Marine
Oceanic and Coastal Navigation safety requirements. Applications not met with
Selective Availability, but which would be met if it were removed, include the
following:

o Marine commercial fishing.

o Search and rescue operations

o Land survey and tracking requirements.

It is likely that Harbor/Harbor Approach navigation requirements could be met
with differential operation, but this has not yet been definitely established.
Commercial fishing and search and rescue operations require highly accurate
repeatability of measurements, rather than high absolute (predictable) accuracy.

By comparison, LORAN-C currently meets all the Marine Ocean and Coastal
navigation phase accuracy requirements where coverage is provided, which. includes
all of the CONUS coastline. Precise Harbor/Harbor Approach navigation is not
feasible with LORAN-C without differential corrections. However, differential
LORAN-C corrections are adequate only over limited regions.

*The Office of the Secretary of Defense has recently announced a decision to
provide service more accurate by a factor of 5. Thus the 500 meter nominal
accuracy referred to in this section has been changed to 100 meters (2drms).
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The attractive feature of differential GPS operation is that Corrections are
valid over large areas. A drawback is that signal characteristics of the NAVSTAR
GPS satellite transmissions vary significantly with time. The ionosphere introduces
a delay in the signal whi<;:h changes diurnally. With Selective Availability imposed,
the signal variations will be much faster, as well as much larger. Consequently
GPS differential corrections must be transmitted much more frequently than
differential LORAN:-C would require. "Differential operation is discussed at leng~h

in Section 8.

7.2 APPROACH

Selective Availability is a program for controlling the accuracy of
pseudorange measurements. The user is in" essence given a false location for each
satellite, so that the resulting pseudorange measurement is in error by a controlled
amount. The level is chosen to give navigation solutions that meet a specified
accuracy under certain GDOP assumptions. While the actual time variations of the
degraded signals to be employed are classified, some of the statistics of the signals
are not. Through the NAVSTAR GPS Joint Program Office, the Department of
Defense provided the Department of Transportation with unclassified segments of
the Selective Availability cycling errors in order to enable the DOT to assess the
impact of the imposition of Selective Availability. These segments were analyzed
to determine the distr ibutions of the pseudorange errors, their rates of change, and
their second derivatives. From these properties, the effects of Selective
Availability on the navigation solution, on receiver performance, and on the design.
of differential stations were inferred.

The pseudorange errors translate into navigation errors via the dilution-of­
precision measures. SpecificaUy, if the rms value of the satellite pseudorange
errors at a specific time and place were 125 meters, and the HDOP were 2, the
standard deviation of horizontal position error would be 250 meters, and the 2drms
error would be 500 meters. The two-dimensional navigation error distribution
depends on the HDOP distribution over time and location. The HOOP distribution
in tum depends on receiver/processor mask angle, satellite selection algorithm, and
position computation algorithm. To estimate the navigation errors introduced by
SA, HDOP distributions were computed for several of these design choices. In
addition, the marine receiver computer simulation MARINEGPS was exercised"
using the Selective Availability data segments. The resulting tracks provide a
comparison of the navigation position estimates obtained from a marine
receiver/processor with the true trajectory. The signal delay and frequency
changes resulting from Selective Availability were compared with the code and
carrier loop bandwidths and the capture windows.

The first and second derivative distributions of the SA determine the data
update rate required by a differential system to provide a given level of accuracy.
In particular, even if a differential transmission provided an exact correction at
one instant, the variations in" the Selective Availability signals would render that
correction useless in a minute or so. Therefore, the corrections must be updated
often enough to maintain the desired accuracy. The update requirements are
treated here using pseudorange corrections.

Design considerations of a differential station for local area marine use are
discussed, and some of the problems associated with a network of differential
stations are cited, in Section 8.
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7.3 NAVIGATION ACCURACY UNDER SELECTIVE AVAILABILITY

GPS navigation accuracy under SA depends on several factors:

1. The level of SA employed.

2. The user mask angle.

3. The user satellite selection strategy.

4-. The user navigational algorithm.

5. The user receiver accuracy.

6. The "coasting" characteristics of the user processor.

Of these, factors 1 through 4 are the most important: SA errors do mina te,
but are multiplied by the dilution-of-precision factor HOOP, which depends on
factors 2 through 4-. The user receiver accuracy, factor 5, is so good that it does
not figure into the analysis, because SA factors predominate. Factor 6, the
"coasting" characteristics of the processor, concerns the ability of the processor to

'handle temporary high-error sfa tes, i.e., to "coast" through them. For example, an
unfavorable satellite geometry could cause a high HOOP for a few minutes. This
factor is best treated by simulation, and is not addressed here.

Figure 7-1 shows the probability density and cumulative probability curves
associated with SA delays, which dominate the satellite pselJdorange error. The

" plots were derived from unclassified samples of the SA cycling errors, expressed as
'" equivalent time delays. The data base consists of 90-second samples from four

- :'satellites, taken every hour for one week. Each 90-second segment of data is
'\~'characterized by one value of pseudorange. Thus there are 24- x 7 x 4 = 672

'~\<samples in the sample set. The density function is roughly Gaussian in shape, and
'::;has a mean of 2.7 nanoseconds and a standard deviation of 4-85 nanoseconds. The 2­
sigma value is about 975 nanoseconds. The standard deviation of the resulting
pseudorange error is 145 meters.

To a first approximation the median HOOP can be used to estimate the
navigational accuracy under Selective Availability by the following equation:

E(2drms) =2 X HOOP (median) X (j' (pseudorange)

where the units are meters, and (j'(pseudorange) is taken to be 14-5 meters. Table
7-1 shows the resulting accuracies in meters and in nautical miles. This
approximation is valid to the extent that the HOOP ,distribution is linear. An
examination of Figure 7-2 shows that the assumption is quite reasonable for the
two-dimensional solution. For the constellation considered here, the 3-dimensional
solution distribution becomes non-linear beyond the 95% level (see Figure 7-3).
This means that the accuracy figures of Table 7-1 are slightly understated for the
three-dimensional solution. The accuracy figures of Table 7-1 are believed to be a
good predictor of NA VSTAR GPS performance under the 500 meter level of
Selective Availability. At the newly announced 100 meter level, these numbers
would be smaller by a factor of 5.

7-3



CUMULATIVE PROBABILITY
PROBABILITY DENSITY

450
. .'

o 150 300
DELAY (~lETERS)

-150

i ~" ,.
I :' , ~ •, .' ,I, ,
::~::: ~ :: J..,:,... ,' . " "., .". ..' ,. ~

, "' Ii { .' " " •"II' 'f' • I " ,fI, •"., I , ~ ,,' \ ".., ' . " ", I.. " . ", ,' , ., .'.
t'. ,l II • , •

\. " ".I ,r,' '\; .. •
I " I I ~ '\'r, , 1',,'

: I ... ~

, . ' ..
It • - ·1IlII'1" .' ,, ,
" ~ '! I
t "'.I'~ /,

I •

-300

o ., . ,
-450

100

FIGURE 7-1. SELECTIVE AVAILABILITY PROBABILITY DISTRIBUTION
FOR 500 METER SPS

7-4



.....
..

I V
1

T
A

B
L

E
7-

1.
A

C
H

IE
V

A
B

L
E

A
C

C
U

R
A

C
IE

S
U

N
D

E
R

5
0

0
M

E
T

E
R

(2
D

R
M

S
)

S
E

L
E

C
T

IV
E

A
V

A
IL

A
B

IL
IT

Y
•

N
av

ig
a

ti
o

n
S

at
el

1
it

e
A

cc
ur

ac
y

S
ol

ut
io

n
S

el
ec

ti
o

n
M

as
k

r
~
e
d
i
a
n

A
lg

or
it

hm
A

lg
or

it
hm

A
ng

le
HO

OP
M

et
er

s
n.

m
.

2-
D

B
es

t-
se

t-
5°

1.
43

41
5

0.
22

(M
ar

in
e,

o
f-

th
re

e
ai

de
d

a
ir

)
10

°
1.

52
44

2
0.

24

A
ll

-i
n

-
5°

1.
08

31
4

0.
17

vi
ew

10
°

1.
20

34
9

0.
19

3-
D

B
es

t-
se

t-
5°

1.
50

43
6

0.
23

(A
ir

bo
rn

e)
o

f-
fo

u
r

10
°

1.
60

46
5

0.
25

A
l1

-i
n-

5°
1.

13
32

8
0.

18
vi

ew
10

0
1.

32
38

4
0.

21



.---

5 DEGREE r-1ASK ANGLE

10 DEGREE l·!ASK ANGLE

~~
~~

",
... ',~---­.----_ .... --­--_ .... ------.------------

oL_-..JL_--JL_---JL_---J__........l__--l__---1__--L__--L__--L~

o 10 20 30 40 50 60 70 30

PERCENTAGE OF TIME HDOP IS LESS THAN A GIVEN VALUE
90 100

FIGURE 7-2. HOOP DISTRIBUTION, 2-0IMENSIONAL SOLUTION, ALL-IN-VIEW STRATEGY

7-6



c..g N

:::l:

---- 5 DEGREE MASK ANGLE
--- .10 DEGREE /4ASK ANGLE

I
I
I
I
I,

I,
I

I
I

I
I,,,

~
~

~,~

..-..-,'

", ..
-'.. -.... -

-'.--­.----- ._.._... -~------
- '::::-:-:-~-=-------------------,--..

o

o 10 20 30 40 50 60 70 30

PERCENTAGE OF TIHE HOOP IS LESS THAN A GIVEN VALUE

90 100

FIGURE 7-3. HDOP DISTRIBUTION, 3-DIMENSIONAL SOLUTION, ALL·IN-VIEW STRATEGY

7-7



To demonstrate the manner in which a GPS receiver/processor responds to. a
signal with Selective Availability, some runs were made using the MARINEGPS
computer simulation at TSC. The simulation was exercised using the following
conditions:

a. Best-set-of-four, four-parameter solution

b. Six-state Kalman filter (horizontal position and velocity, user
clock frequency and phase)

c. • Selective Availability capability

d. Sequential operation

e. Nominal satellite transmitter power

f. Antenna pattern rolloff of about 0.5 db per degree below 150

g. A straight-line trajectory of 4-5 seconds, followed by a 90 degree
right turn; speed is 20 knots.

h. Initial conditions of position and velocity set to actual trajectory
values.

Figures 7-4- to 7-8 show the resulting estimated and actual tracks for
different SA values characteristic of a 500 meter SA level. The processor is
initially given the true coordinates of the vessel. Subsequently the estimated
position is determined by the measurements. The navigation solution smoothly
tracks the signals, which vary relatively little during the 90-second run, but the
solutions are significantly offset from the true track. The effect of the initial
transient is apparent: the tracker downgrades the initial measurements, because
the tracker was told not to expect such large errors. The response is sluggish until
the errors have become small. It can be seen that over periods of minutes, the SA
errors appear as large bias-like offsets.

7.4- IMPACT OF SELECTIVE AVAILABILITY ON RECEIVER CODE AND
CARRIER LOOP PERFORMANCE

As a measure of the abruptness of the changes in the equivalent Selective
Availability time delay errors, each 90-second segment was characterized by a
slope value, measured in nanoseconds per second, which corresponds approximately
to feet per second (J foot = 1.017 nanoseconds (ns) at the speed of light). The
distribution curve derived from these values is shown in Figure 7-9. It can be seen
that most values fall between ':1.2 ns/sec (.:0.37 m/sed. *. The receiver code loop
circuits are designed to handle the Doppler shifts that are encountered with rising
and setting satellites. These can result in delay rates as large as 2500 ns/sec
(.:0.37 m/sec) three orders of magnitude more severe. Thus the rate of change of
Selective Availability errors is not a problem for the receiver code loop circuit.

*The first and second derivative of the SA time delay errors are not affected by
the recent decision to reduce the SPS errors.

7-8



o
o
r-..
N

a
o
~
N

o. TRUE TRAJECTORY
0.-

ESTI~ATED TRAJECTORYN

SPEED: 20 KNOTS
a
a
co.-

~
a...J
UJ
u..

R a
:z 0
a IJ")- .-
~-U1a
0..

::I: a
~ 0

"0:: N
I,. a
, ~i'

. :z
.• r.

·'.1·_

aa
0'

o
a
1.0

o
o
C""l

,
I,
I
I,

a _L3-0-o--...:0----3..lo-0-----:6~O-=-O----;:;'g*:OO;:;----rn'ii'r--rniil----r'

EAST POSITION, FEET

FIGURE 7-4A. ESTIMATED AND ACTUAL TRAJECTORY, NO SELECTIVE AVAILABILITY

7-9



o
IJ')

o
o::r

o
('I")

o
N

~
l.IJ
l.IJ
LI..

c::
0c::
c::: 0
U.J

Z 0
0-~-VI 0
0 -Q. I

0
N

I

0
('I")

I

o
o::r

I

o
U"'

I

TOTAL ERROR
EAST ERROR
NORTH ERROR

, I

70 r... ,20 .I 9~~:
II' '. I ,,-,", ',I r \,' , :

: ~: • III ": :: ~
• I - I

I ~' ~
I
I
I,-

I', :'I, '
r , \'

"

Rl-1S ERROR, FEET

EAST NORTH TOTAL
STRAIGHT LEG: 6.3 3.5 8.4
TURN: 12.7 9.4 15.8

FIGURE 7-4B. ERRORS, NO SELECTIVE AVAILABILITY

7-10



o
o
r­
N

o
o
~

N

o
o..-
N

o
oco

---'TRUE TRAJECTORY
ESTI ~'lATED TRAJECTORY

SPEED: 20 KNOTS

300

,
I,
\,
I,,,,
I,,
I,
I
I,
I
I,
\
1
I
I,
I

I...
I

I

\ ...
I

I
\,,
I...,,

o-300

OL- ...J- .L..- --'- --::~_:::_--~~;__-_,_m

600 900 1200

EAST POSITION, FEET

o
o
1.0

o
o
M

FIGURE 7-5A. ESTIMATED AND ACTUAL TRAJ,ECTORY, SELECTIVE AVAILABILITY SAMPLE NO.1

7-11



,,
•,,

o
o-

o
I.C

I- 0UJ
UJ N....
Q::
0
c:::
c::: 0
UJ

:z
0-I-

V1 0
0 N
0.. I

0
~

I

---- TOTAL ERROR
---- EAST ERROR
- -- NORTH ERROR

.
•,,

.' .
" I •
OJ :: ~,,'• , a

~ ~ ,~ . ,, ' , " "', , ," · 'I " '. ., ...,
,I '.' , " " '. , ",• , ' , , .,' " '!', ,., . .. •

" ". II IT:
• '.' ..' , " '. I' I •

" • : I " '. ,.. II:'~:~"
I •• ' • I' I
'. I " ,

'..' • I

I .,
50, :: 70 to

• I : . ':

SIMULATION TIr-'E~,":5ECONDS :. :. :~
, , ~. t' , · I ,

\t '\ ... '. ' ,t. " I 'I''',,- """• I' ,t' '. Jo '

\

' ' I I ' • r- ,
I : I ' , ' ~ • ~, , ,', " ,"

" A t I' I' .. I • I • I ..... I ,

\' \ \ 1\.'\ ., • ': '1 fI ""':' , • •

\ ('/ "\ J V\ {\ \ I f I' ~.: ~: ~ I: V:\ "\ \,; ,,'\ V (\ I ,\ ~ 1 A l' ~ I' ,
{ / " \(\/\'" \ I \ 1\ I \ , " ~I\ :~ A: \1 \1

I ~ \I , \, \1 \, \/
I

o
\.0

I

o
CO

I

o
o-I

RMS ERROR, FEET

EAST NORTH TOTAL
STRAIGHT LEG: 27.4 33.5 43.2
TURN: 22.6 41. 2 47.0

FIGURE 7-5B. ERRORS, SELECTIVE AVAILABILITY SAMPLE NO.1.

7-12



TRUE TRAJECTORY

ESTI1~ATED TRAJECTORY

SPEED: 20 KNOTS

-,
",,,
I-,
I
I,-.
I
I,­

I
I

I-
I,

I-,
I
I
~.,

I

",,
I

I

i
I

•;
I,
",
I

I
I
'1
I

I,
",,

I,
t.-,,

"

o
o
CO

o
o
r--.
N

o
o
N

o
o
C"I

o
o
\.0

o
o
..".
N

z
o....
I--V') 0
o 0
Q. N

:J:
l-e::
o
:z

o
o
M

,
1_--,

I
I,,,,
\

\
\0<0...

.-" ..... ,',

180015001200300a
o

-300 600 900

EAST POSITION, FEET

FIGURE 7-6A. ESTIMATED AND ACTUAL TRAJECTORY, SELECTIVE AVAILABILITY SAMPLE NO.2.

7-13



o
o
C""l

o
o
N

0
0.....

.....
L.LJ
L.LJ
l.I..

c::
0
0::
0:: 0
L.LJ

Z
0-I--l.I'l
0
0-

0
0-I

o
o
N

I

o
o
l""l

I

---- TOTAL ERROR
EAST ERROR

- -- NORTH ERROR

30 40 50 60
SIMULATION TIME, SECONDS

Rt:1S ERROR, FEET

EAST NORTH TOTAL

STRAIGHT LEG: 146 123 190

TURN: / 65 73 98

FIGURE 7-6B. ERRORS, SELECTIVE AVAIL ABILITY SAMPLE NO.2.

7-14



1··00

o
L.t"l

-TRUE TRAJECTORY

___ ESTH1ATED TRAJECTORY

20 KNOTSSPEED:

-----­.----,,------'-',,
",--,,,,

I,,
I,,

I,
I
I
I

I
I
I
I
I
I
I
I
I

I
I
I
I.
I
I
I
I
I
I
I
I
I
I
I,

I-­,
\

'C.-:'f
~.,,

\ ,.,,....,,
\ ,,..... ..... ........,

\
\

\

I
I
I
I
I

.........,
\ ..

I
I
I ..

o
L.t"l
C""')

o
o
r-.

o
o
00
N

,....
C""')

0
L.t"l
o::r
N

0
0,....
N

I-
LU
LU
I.l..

0
L.t"l

z: r--
0-l-
V)

a
Q..

::I:. 0
I- ac:: o::r
a ,....
:z:

0
L.t"l
0

o

-600 -300 o 300 600 900

EAST POSITION, FEET

1200 1500 1800

FIGURE 7-7A. ESTIMATED AND ACTUAL TRAJECTORY, SELECTIVE AVAILABIliTY S'AMPLE NO.3.

7-15



o
o
0'1

o
o
\0

TOTAL ERROR
EAST ERROR
NORTH ERROR

1e

RMS ERROR, FEET

EAST NORTH TOTAL
STRAIGHT LEG: 485 481 683

TURN: 501 496 70S

40 50 0

SIMULATION TIME, SECONDS

-,
I
I,

I
I
I
I
I
I
I
I
I
I
I
I
\ .... -... ; .. ~''''' \, ,.,--,------,,-_ .......- --" ...' .- ....,
,,_, ..... -,,, ....... ,,_ .... , .... ,- ...1, ..
II ,,I , " " ,

\J \ .. • .....
\ I \ I
V \1

o
o
0'1

I

o
o
<.0

I

~
I.I.J
I.I.J......

Q:;

0c::
c::
I.I.J

Z
0

I-....
Vl
0
Q.

0
0

"'"I

. FIGURE 7-7B. ERRORS, SELECTIVE AVAILABILITY SAMPLE NO.3;

7-16



I .'~

o
o,.....
N

0
0

,-
~

,-"
N

,--~.-'I,..,
.',,

I --- TRUE TRAJECTORY
0

, ..
0

,
.... ,,.
N I --- ESTIMATED TRAJECTORY•

",, SPEED: 20 KNOTS,'"
0

,
I"

0 ,
co •,,,

I,
~

,
u.J 0

,
u.J 0

I... I.t'l
,
I.... ,.. tz: ,

0 ,- ,
~ I- ,
II') 0 •0 0 ,
~ N

,.... •::::: .
,

~ I
0::: ,
0 •z ,

•,
0

,
0

,
0'\ t,,,

I
I,

0 •
0

I
I

1.0 ,,
•I,

\
\,,

0
,

0
..

("") ,,","\ , ...,
','" ",,,,\

\

0

-900 -600 -300 a 300 600 900 1200

EAST pas IT ION. FEET

FIGURE 7-8A. ESTIMATED AND ACTUAL TRAJECTORY, SELECTIVE AVAILABILITY SAMPLE NO.4.

7-17



100908040 50 60 70

SIMULATION TIME. SECONDS

TOTAL ERROR
EAST ERROR
NORTH ERROR

30

,...,-~,---------.... ,,-'''''...''''''''~'',,-,. ..... /,,,":

20

o
o
~

I

o
o
C""l

I

oo
N

I

o
o
C""l

o
o
N

o
o
l.!'l

o
o
~

I- 0
UJ 0
UJ .....
Ll-

0::o
c:::ffi 0 t+-~I--I---r--..,---r---T'"""--'T""'--..,...---r----.,

z do ,- ,
I- '
- 0 \
v'l 0 ",
0..... ,
0.. I I,,,,

I,,,
I,
I,,
\-

, I, ,
, ,'" I

~ .",- . ,'l"·'··' -
• -._,. " - , '\ I • " ' ..., ....• ,.,.~,,~' '_ .... _,_.. • <til, ',_, " ,'" •
'I ""'..,' lilt, ,,',.... ...
~" ;, ,"'1", , \,",

o
o
U"'l

I

Rf·1S

STRAIGHT LEG:
TURN:

ERROR,
EAST
335

337

FEET

NORTH
102

105

TOTAL
350

353

FIGURE 7-8B. ERRORS, SELECTIVE AVAILABILITY SAMPLE NO.4.

7-18



f. , ~
II "" 1\, , 1\ " 1\

,~ , , II " .,

J "" • I. I "
~ I ,', "' •• ""',.'J '",,1'

.. :: ~ I' ~'" 'O! : "
III,'" ,'t I "'II,'. I .' ,... ':' : I: .. >

:'" ',' I I, ,.'
• " ' , " ,,' ,., I'f " " ,,' I 'I
\:'~ ',' 1,'/\1'" . " :~ ,

I..-', I

V

CUMULATIVE PROBABILITY
PROBABILITY DENSITY

•" .ou-~=.J...t..._---L.__-..L.__--L...__...L..__..I----';....L.~:"-~

-0.4 -0.3 -0.2 -0.1 0 0.1 0.2 0.3 0.4

RATE OF CHANGE (MIS)

75

100

~
Z
a...J
U
c:::
LU
Q..

>-
I--...J- 50c:c

'C:X::c:c
0
,C::
Q..

LU
:>-~
c::(
-l
:::l
:::=::
:::l
u

25

FIGURE 7-9. SELECTIVE AVAILABILITY RATE DISTRIBUTION.,

7-19



A sequential receiver uses a Doppler frequency measurement to preposition
the timing of the receiver code loop for the next dwell for each satellite. A
linearly changing SA error will appear to the receiver as a Doppler shift, so the
prepositioning will appropriately compensate for it. To the extent that the SA
error variations differ from linear changes, they wil'l not be compensated by
prepositioning. It is therefore of interest to determine the· shift in Doppler
frequency between dwell periods of the same satellite.

Figure 7-10 shows the distribution of the second derivative of SA delay errors.
It can be seen that most errors are between +0.012 ns/sec/sec (+0.0037 m/sec/sed.
The longest dwell interval likely to be enco~ntered in a practical receiver is 10
seconds. In 10 seconds the frequency shift corresponding to 0.012 ns/sec/sec is 0.2
Hz. Most receivers have carrier loop bandwidths of several Hz or more.
Therefore, the SA error changes can be expected to cause no receiver carrier loop
problems, either.

7.5 TRANSIENT BEHAVIOR OF NAVIGATION PROCESSOR DURING
CHANGE OF SATELLITE SET'

When Selective Availability delays are added to the satellite transmissions, a
position error is developed in the user equipment navprocessor. This error will
slowly change its magnitude and direction as the SA delays are slowly changed.
When a user switches satellite sets, however, (for example, when one of the
satellites has dropped below the mask angle and a new one must be selected), an
abrupt change in the position estimate occurs. While the error still remains within
the prescribed error limits, the abrupt change causes a transient in the measured
track. Figures 7-11 and 7-12 show such a situation, using the MARINEGPS
simulation. Fifty seconds into the run, satellite 117 is dropped, and satellite Ij5 is
substituted. Each has a large positive pseudorange error. The Kalman filter
position estimate undergoes a transition from one SA position error to another,
each characteristic ·of· a satellite configuration and a set' of pseudorange errors.
The solution changes from a northerly error to a westerly error. The response time
for the transition is about 30 seconds for nominal filter parameters. In contrast,.
the removal of the SA delay results in transition errors that are negligible (See
Figure 7-13).

In order to prevent a vehicle with stand-alone equipment from responding to
such a rapid change in position estimate, it may be necessary to anticipate changes
of satellite sets and lag the response of the filter or reduce the resolution of the
position estimate. As long as the display resolution or control voltage threshold is
not more sensitive than the prescribed GPS error, this will not be a problem.
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8. DIFFERENTIAL OPERATION OF NAVSTAR GPS

8.1 GENERAL

Differential operation employs a fixed surveyed-in reference station which
determines the pseudorange offset to each satellite caused by atmospheric delays,
uncompensated satellite data. errors, ephemeris errors, and Selective Availability;
it then broadcasts these offsets to nearby users. By applying these corrections, a
user can significantly reduce his bias errors. It appears possible to reduce potential
bias errors to well below 10 meters, which means that the total accuracy
achievable would be limited primarily by the receiver quality, user dynamics and
short-term noise sources.

In this section the usefulness of differential operation is described, the error
sources are analyzed, system design alternatives are explored, and a system
implementation concept is introduced.

8.2 "THE NEED FOR DIFFC:RENTIAL OPERATION

Under Selective Availability, the Standard Position Service (SPS) accuracy,
provided for civil users will not meet the requirements of certain desirable user
operations. Selective Availability is a program for controlling the accuracy of
user /sa tellite range measurements. The user is in essence given a false time delay
for each satellite so that the resulting pseudorange measurement is in error by a
controlled amount. The accuracy available to civil users under the SPS will be
maintained at a level consistent with U.S. national security interests. It is
presently projected that the predictable and repeatable accuracies of 500 meters
(2drms) horizontally and 820 meters (2 sigma) vertically will be made available
during the first year of full NAVSTAR GPS operation, with possible accuracy
improvements as time passes. *

Errors in pseudorange to each satellite translate into navigation errors via
the Geometric Dilution of Precision (GDOP). The navigation error distribution
depends on the satellite/user geometry at the time of the measurement and on the
accuracy of the pseudorange measurements•.

The accuracy requirements for the civil users for the radionavigation services
are based upon the technical and operations performance needed for transportation
safety and economic efficiency. The requirements are defined in terms of discrete
"phases of navigation" and are identified in the FRP. The following summary
tables (Tables 8-1 to 8-3) relate available SPS accuracy levels with the
requirements met in accordance with the FRP classifications.

Table 8-1 shows requirements met over the contiguous- United States
(CONUS) with the 500 meter SPS specified accuracy under Selective Availability
for civil users. Similar requirements are also met over localized coverage areas by
existing navigation systems: VOR, DME, VORTAC,. and LORAN-C.

Table 8-2 shows the requirements that would be met by NAVSTAR-GPS if
Selective Availability were removed entirely. Table 8-3 shows the requirements
that would be met by differential operation of NAVST AR GPS.

*The recent OSD decision on SA reduced this to 100 meters (2drms) horizontally
and 165 meters (22 sigma) verticaJly.
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TABLE 8-1. FRP REQUIREMENTS MET UNDER SPS WITH
SELECTIVE AVAILABILITY

SPS Nominal Accuracy:

Lateral: 500 m (2 drms)
Vertical: 820 m (2 sigma)

.
ReqUired Accuracy

Phase meters (2drms)

AIR

En Route and Terminal

- Oceanic (Route Width 6 nm)
- Domestic 1000 ,

~ Terminal "500 )
-.-

- Remote 1000-4000 ..
- Helicopter (Off-shore) 1000

(Land) 500 .-

MARINE
Ocean Phase

- Safety of Navigation 3700-7400 min.
1800-3700 desired

Coastal Phase

- Safety of NaVigation 460-3700

LAND
--:rransportation

- Truck (Hazardous Cargo) 3300

&-2 "



TABLE 8-2. FRP REQUIREMENTS MET UNDER SPS WITH
SELECTIVE AVAILABILITY REMOVED

SPS Nominal Accuracy

Lateral: 30 m (2drms)
Vert ical: 50 m (2 sigma)

Required Accuracy
Phase Meters (2drms)
AIR

All Requirements in Table 8-1
Approach and Landing :..

0 Non-Precision 100**
MARINE

All Requirements in Table 8-1
Ocean Phase (Benefits)

0 Large Ships 185-460**
0 Hydrography Science* 10-100*
0 Search qperations 460**

Coastal Phase
0 Safety of ~avigation of All Ships 4-60**

. -.
0 Safety· of Navigation of Recreational

Boats and Small Vessels 460-3700**
0 BenefIts-Commercial Fishing &: Sports .

Hydrography Science, Resource
Exploitation* 1-100
Search Operations, Law Enforcement 460**
Recreational Sports, Fishing 460**

LAND
All Requirements in Table 8-1

0 Public Safety, Urban Police,
Emergency· Medical 80**

0 Rural Police, Medical 330**
0 State Police 330**

Transportation
0 Urban Buses 170**
0 Taxi 170**
0 Delivery Truck 330**

Highway Safety
0 Planning 30

Resource Management 30

*Meets requirements above 30 meters (2drms)
.. *Also met under SPS at the recently announced SA level of 100 meters.
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TABLE. 8-3. FRP REQUIREMENTS MET WITH DIFFERENTIAL GPS USING
SPS ACCURACIES WITH SELEC1IVE AVAILABILITY

Nominal Accuracy at 50 km Range

AIR:
MARINE:

25.4 m (2drms)
15.0 m (2drms)

Required Accuracy
Phase Meters (2 drms)

AIR

Meets all Requirements in Controlled Airspace
Including Non-Precision Approach and Landing

Will Not Meet: Precision Approach Landings
<

MARINE -- ..>-.

AU Requirements in Table 8-1
_....... \-

Ocean Phase - Hydrography Science* -
- Resource Exploitation 10-100 m

'Coastal Phase - Hydrography Science*
- Resource Exploitation 1-100 m ..

Harbor Approach and Harbor Phase -
- Safety of Navigation,"

Large Ships 8-20 m

LAND

All FRP Requirements

*Mee-ts requirements above 15 m (2 drms).
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Projecting the GPS capabilities for the civil radionavigation under SPS both
with and without Selective Availability, it is clear that some FRP requirements
will not be met without additional improvements. In particular, requirements for
safe navigation of aircraft in precision approach and landing will not be' met in the
foreseeable future. Similarly, general requirements for Harbor/Harbor Entrance
(HHE) (8-20 meters, 2drms) and navigation in narrow waterways (apprOXimately 8
meters, 2drms), are not met, although some wider channels may be navigated using
GPS.

There are other areas where precise navigation services could be useful,
namely thl:! remote areas, characterized by their low traffic and difficult terrain.
Systems in operation today are LORAN-C, VOR, VORTAC, Omega and
Nondirectional Beacon, but it has been difficult using these navigation aids to cost­
effectively implement accurate, comprehensive navigation service. The reasons
are either poor performance (reliability of the navigation grid is not reliable for all
seasons) or high cost (multiple ground station installation requirements raise the
costs). The FRP identifies these remote areas to be mountainous terrain, offshore
areas and large portions of Alaska.

One of the techniques that could enable GPS service improvements is the
differential mode of GPS. This approach could possibly provide navigation.
coverage for the civil users in the CO~US and in remote areas in a cost-effective
manner. Table 8-3 summarizes the additional services that might be provided by
the differential technique.

Table 8-4 shows the current and projected requiremen1j3yf an important
national industry, the oil exploration and production companies. While SPS will
meet many of the current requirements if Selective Availability is removed,

.. differential operation can meet most of the future requirements. The relative
accuracy of one meter or better required for field development and production may
be met by using sophisticated differential techniques.

8.3 DIFFERENTIAL GPS IMPLEMENTATION CONCEPT

The idea of a differential mode operation is an old one. Crosschecking of
one's measurements with a known reference is familiar and used in many
measurement systems, but the manner of its implementation in GPS is unique.

Differential operation of GPS is achieved by reception of the satellite
clear/acquisition (C/A) cope signals on a single frequency at a fixed reference site.
By processing these signals from all satellites in view, a pseudorange correction is
determined - the difference in range between the derived satellite position (using
decoded ephemeris data) and the directly measured data (corrected for the
satellite clock delay). The measurement correction is broadcast at selected
intervals to GPS users in the vicinity to allow users to correct. their position
estimates. It is assumed that errors are common to all users and are valid for
specified range and time intervals. Data collection, processing and distr ibution are
achieved in real time. Figure 8-1 illustrates a differential GPS concept consisting
of three elements: reference site, data link and user.
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TABLE 8-4. NAVIGA nON AND POSITIONING REQUIREMENTS BY INDUSTRY SEGMENT

SEGMENT ACTIVITY - CURRENT 1988 1992 2000--

EXPLORA TION SEARCH FOR PROMISING 20-40 M 10-15 M 5-10 M 3M
. STRUCTURES

.
_APPRAISAL DRILL· STRUCTURE AND 50 M 20 M 20 M 10M
DRILLING DETERMINE IF

ECONOMICALLY FEASIBLE

FIELD DEV. DEVELOP FIELD AND 1 M* 0.5 M* 0.5 M* 0.5 Mil-
PRODUCTION PROVIDE COLLECTION

AND DISTRIBUTION

TRANSPORTATION TO REFINERY 200 M 100 M 50 M 50 lv1

*DESIGNATES RELATIVE ACCURACY WITHIN FIELD
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8.3.1 Alternative Techniques

The manner in which the data is coUected and where the data is processed
distinguishes three basic differential techniques. The basic elements in all three
are the cancellation of link bias errors and a priori knowledge of the reference site
position location. All three techniques are shown in Figure 8-2 and can be
described briefly as follows:

1. Baseline Differential GPS is a noncooperative system transmitting only
the correction information derived at the ground reference site for a
specified service area.

2. Centralized GPS is a cooperative system and derives its correction
information by receiving the same signal from two different paths:
directly and via aircraft data link. Correction information is then
returned to the aircraft by an independent narrowband data link. This
technique accommodates surveillance of aircraft.

3. Translator GPS is a cooperative system very similar to the centralized
technique, except that the aircraft "reflects" satellite signals over a
wide band data link to the ground based processor. '

The baseline techniques will be discussed in greater detail as a viable candidate for
implementing differential GPS operations. The centralized technique exhibits
n~vigation performance similar to that of the baseline technique, but adds system
reliability and provides surveillance. The translator technique has been analyzed,
but appears to require too much bandwidth and offer too small a performance
increment to justify its implementation.

8.3.2 Form of the Differential Correction Terms

The most straightforward method of implementing correction terms is to
broadcast latitude and longitude (Lat/Lon) differences from the differential
station. That is, the differential processor would determine the estimated position
from the measurements, subtract the known Lat/Lon coordinates, and transmit the
differences. The user would then subtract the same differences from his estimated
coordinates" However, this is not a practical approach for the following reasons:

a. The user may employ a different navigation solution, e~g.; a 2-'
dimensional solution rather than a 3-dimensional solution.

b. The user may employ a different mask angle or different satellite
selection strategy, e.g., "all-in-view" rather than ''best-set''.

c. Even if the algorithms are' the same,· distant users may process
different satellites.

Any of these conditions would result in large errors compared to the desired
performance. Since there is no current restriction on the design of a civil receiver,
different manufacturers may design their sets in different ways. It also turns out
that Lat/Lon corrections allow no flexibility in the use of ionospheric and
tropospheric models. Therefore the transmission of Lat/Lon corrections only is not
a viable approach for broadcasting differential corrections.
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The approach which a differential design must use is that of transmitting the
pseudo range corrections for each satellite. The user processor must then subtract
the correction from the measured pseudorange prior to determining the navigation
solution. The data message ',II ill thus contain the station identification, plus
satellite identification and pseudorange correction for each satellite in view of the
station. Of course, the format must be standardized at least on a national basis, a
not insignificant undertaking.

A recent workshop was held at the DOT Transportation Systems Center to
begin this process. The workshop was able to partially develop a proposed signal
format that appears to ~e quite satisfactory to a wide number of users. The
proposed format is flexible and allows for considerable adaptation to particular
user groups. To the extent to which the format was developed, it will be used here
in this report. The format is described in Section 8.4.2.

8.3.3 Data Update Rate

Data update rate is a key parameter of a differential system. -If a
differential station issues pseudorange corrections periodically, users in the area
can achieve momentary high-accuracy positioning by incorporating these
corrections. After a period of time, however, the Selective Availability errors will
change, and the users' navigation solutions will eventuaUy deteriorate back to the

'normal· SPS accuracy. To determine this period of time, and thus to determine the
required differential correction update time, it is necessary to examine the rate of
change of the Selective Availability pseudorange errors, and the system design
accuracy that is desired.

Referring to Section 7, most rates of change fall beween .:,.85, the standard
deviation being 0.43 ns/sec. These rate values and the corresponding update rate
are not affected by the recent OSD decision. This translates to a 2drms value of
positional change of about 0.4 m/sec, which suggests that in 30 seconds positional
error would typically grow to 12 meters. To this 12 meters must be added (in root­
sum-square fashion) the differential receiver error and user receiver noise error
contributions to obtain the total system error after a period of time.

It would be desirable to meet the Harbor/Harbor Entrance requirements of 8
to 20 meters (2drms), which would require pseudorange measurement accuracies of
3 to 7 meters C1 sigma), assuming an HDOP of 1.5. By requiring that the
differential station use a separate channel for each satellite in view and use heavy
smoothing, it should be possible to achieve better than 3 meters accuracy in the
pseudorange measurements. By further requiring Doppler processing of the signal
carrier, pseudorange rate corrections can be generated which extend the length of
time the corrections are valid.

In Section 8.5.1 it will be shown that a differential station can be expected to
achieve an accuracy of 1.9 meters (one sigma) in pseudorange. Using an update
period of 12 seconds from the recently proposed format, and taking advantage of
the capability of.a stationary receiver to do highly accurate Doppler processing on
the carrier, the pseudorange corrections can be accurate to within 2.2 meters (one
sigma). This can be seen in Figure 8-3, which shows the dependence of pseudorange
accuracy on update rate (exclusive of receiver noise).
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Thus ignoring user receiver noise limitations, the recommended update period
of 12 seconds enables reference station pseudorange accuracies of 2.2 meters,
which translates to about 6 meters of positional error. A stationary receiver
employing heavy filtering could achieve accuracies approaching 6.6 meters (2drms).
A marine user would not be able to smooth his solution as much, and. an air ~ser

even less so. Therefore, for receivers in motion the accuracy is determined
primarily by the receiver measurement fluctuations. This is discussed further in
Section 8.5.

8.3.4 Sources of Errors

The key element in differential operation of GPS is a high-quality reference
receiver at a surveyed fixed location. The reference receiver computes a true
range estimate from each satellite in view by using decoded ephemeris and
satellite clock correction data and the surveyed coordinates of the reference site
position. Corrections derived from the differences between the estimated range
and the true range can then be used by nearby GPS receivers to remove most of the
bias errors. The three major bias error contributing sources are: ionospheric and
tropospheric delays, user clock error, and (most significant of aU) the intentional
delay generated by Selective Availability.

A GPS receiver always deals with two types of errors: "bias," a slowly varying
error, which can be cancelled out by subtraction of differential corrections and
"noise, II rapidly varying random noise errors, which can be reduced only by
filtering. Figure 8-4 shows a diagram of measurements and their relation to true
range between the receiver and each satellite.

The common GPS user error sources are following:

o Ephemeris Errors - differences between the actual satellite position and
the position indicated by the ephemerides provided in the satellite data
message.

o Space Vehicle Clock Errors - differences between GPS system time and
the satellite times indicated by the satellite data message.

o Un modelled Ionospheric Errors.

o Selective Availability - intentional delay errors.

o User Clock Drift - most severe for sequential receivers.

o Receiver Bias Errors - due to acceleration of the vehicle

o Receiver Noise Errors.

Differential operation promises to remove most of the bias errors, but
. receiver noise is not affected. Also, not all bias errors are cancelled by use of-a
differential correction. Two unique classes of bias error enter into consideration,
not present in normal operation, when the differential system error budget for the
user is estimated: first, errors sensitive to the distance between the reference site
and a user, often referred to as "spatial decorrelation errors"; second, errors
related to the elapsed time during the establishment of a measurement correction
value at a reference site and the delivery of the correction to the user, often
referred to as "temporal decorrela tion errors." They are described below.
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a. Errors Sensitive to liser/Reference Site Separation

o

o

o

o

Ionosphere:

Troposphere:

Selective AvailabiHty:.

Satellite Position Error:

b. Time-Sensitive Errors

Irregular it ies.
Diurnal (due to different penetration.
points through ionospheric sheW.
Flare inhomogeneities (caused by solar
flares).
Earth Curvature (two separated.
receivers do not acquire a source at the
same elevation angle; -path length is
different).
Altitude (error in estimating the. height
of the ionosphere-350 km is nominal)
Obliquity (layer thickness changes fro'll
zenith to horizon).
Geometr ic Effects (thickness changes
with increased path length and sharp
variations in atmospheric densities).

Intentional delay.

Error in predicting satellite true
position,. which translates into a
pseudorange error.

o Age of Ephemeris Update: error added during update, if not compensated.
o Age of Space Vehicle Clock Update: satellite clock error, if not compensated.
o Ionosphere: Irregularities (ionospheric drifts).

Diurnal - (TEC changes with solar changes).
Flare (TEC changes with time).

o Time delay in measurement correction: error caused by elapsed time between
measurement and application of correction data.

o Selective Availability: rate of change and delay.

Distance and time sensitive errors will add directly to the user's receiver
error budget. In general, the user's range measurements are less accurate than the
reference site's for the following reasons: (l) the user's clock is of lesser stability,
(2) reference site data smoothing is more effective in reducing noise since the site
is fixed, and (3) the reference site pseudorange error can be determined directly
from the satellite ephemeris and fixed coordinate data on a single satellite without
resorting to a full navigation solution. The range errors, spatial and temporal
errors, geometry, and receiver noise are the major contributors to the user's error
budget. Interference also adds a noise-like error. Typical interference sources are
multipath and multiple-access noise of satellite signals.

.User receivers generally operate under much more severe operating
environment than the receivers at fixed reference sites. For example, aircraft

. maneuvers and wind buffeting require bandwidths large enough to accommodate
the deviations in position from unaccelerated straight-line motion. In addition, the
tracking filter parameters ,nust be chosen to accommoda te these deviations. As a .
result, the signal-to-noise ratios are smaller, and less smoothing is possible for
users.
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8.lj. BASELINE DIFFERENTIAL GPS DESIGN

8.lj..l General

In the baseline design, the differential station performs pseudorange
measurements on each satellite, determines appropriate corrections and broadcasts
them to nearby users. No surveillance is involved. The station receiver .is not
radically different from a user's receiver, except that parallel-channel operation is
highly desirable, and Doppler processing should be performed to get pseudorange
rate" corrections as well as pseudorange corrections. These capabilities are
necessary to get the greatest accuracy. The reference station navigation processor
is quite different from a user's receiver, on the other hand, because the
computation of position is not the primary aim of the unit. Another unique
requirement of the reference station is that it must continuously receive data from
each of the satellites so that it can immediately operate with the latest satellite
data following a aata change. These data changes occur about once per hour. With
this capability the reference station data message can adjust for the fact that
some users will be operating with old data. This is explained further in Section
8.lj..2. A block diagram of the differential station is shown in Figure 8-5.

The differential station should be equipped with a high-quality clock, such as
a double~ven-controlled quartz oscillator, which has very little drift over the
period of a few seconds. The long-term stability appears to be less critical, so a
rubidium or cesium standard is not necessary. The steps in the process of
determining a pseudorange correction are the following:

1. Select a measurement reference time as close as possible to the next
GPS subframe start time.

'c
::,7- 2.

.- 3.

lj..

5.

6.

7.

Compute the positions of all sateIJites at that time, and determine their
actual ranges.

Sample the sateIJite pseudorange measurements and the carrier
Doppler-derived pseudorange rates at the reference time and store.

Adjust each satellite pseudorange for ephemeris and satellite clock as
determined by the satellite data messages.

Compute station position (as a performance check) and station time
offset from GPS time.

Subtract actual range and station time offset from satellite
pseudorange measurements to get corrections.

Broadcast the pseudorange and range rate corrections for the six
satellites included in the subframe message.

The reference station processor should compute the error in its own position
as a measure of system quality. If the error falls out of acceptable limits, the
station health bits should be adjusted to warn users that the error may be higher
than normal. For example, if a bad geometry existed in combination with four or
five visible satellites, the station could detect this condition.
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In addition, each pseudorange correction should be examined to see if the
individual satellite corrections are reasonable. If not, the satellite health bits
should reflect this condition and warn users not to incorporate particular satellites
in their navigation solutions.

At least one monitor should be located near the differential station to
compute position in exactly the same manner that a user would~ The computed
position. should be communicated to the differential station to verify that the
position is within bounds related to the station health bits. For example, with 2
bits there are 4 levels which can be employed, and a "level 1" indication could be
used to indicate positional errors within 10 meters, "level 2" within 15 meters,
"level 3" within 20 meters, and "level 4" greater than 20 meters. Unfortunately,
the design of the monitor requires a single choice of satellite selection algorithm
and mask angle. Probably the best way of handling this is to be conservative and
choose a mask angle of 10 degrees and a best-set satellite selection strategy.

8.4.3 Differential Uplink Format

The proposed data format to be used for the communication of corrections
from a differential reference' station to nearby users is patterned after the
NAYST AR GPS data format. Subframes consisting of 300 bits are employed, each
headed by a preamble and time indication, similar to the GPS TLM and HOW words~

The proposed header identifies the start of the message, the differential station
identification, station health indication, timing with respect to GPS time, and
subframe identification. Figure 8-6 shows the subframes that were defined at the
workshop. Up to 8 different message types are accommodated with the 3-bit
subframe 10 data element. The details are given in Table 8-5.

"',' , Pseudorange corrections are broadcast for each satellite, rather than
latitude/longitude corrections. The pseudorange corrections use ephemeris and

""satellite clock data, but do not use either ionospheric or tr~pospheric models.

The differential corrections need to be sent out most frequently, while
auxiliary data need be broadcast only every minute or so. Accordingly, the Type I
message contains the corrections data, and consists of two subframes. Each
subframe contains the pseudorange and pseudorange rate corrections, identities and
health indications of up to six different satellites. This enables up to 12 satellites
to be handled by a differential station. The pseudorange corrections have a
resolution of 0.1 meters, and the pseudorange rate corrections have a resolution of
0.004 meters per second.

The Type 2 Message is similar to the Type 1 Message, in that 40 bits are sent
for each satellite. However, instead of pseudorange and range-rate corrections,
Age of Data (AOD) and "delta corrections" are broadcast. A delta correction for a
satellite is equal to the difference between pseudorange corrections utilizing old
and new satellite ephemeris and satellite clock data. The AOD data enables a
receiver to determine whether the station is using the same satellite data as the
reference station or not. If not, the receiver can further correct for the difference
between the old and new satellite data by subtracting the delta correction. The
Type 2 Message is broadcast approximately once for every five Type 1 Messages. It
should be pointed out that the message type mix can be tailored to a particular
differential station and does not have to be fixed by the format.
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TABLE 8-5. DIFFERENTIAL GPS DATA

SCALE
MESSAGE NUMBER FACTOR
TYPE PARAMETER OF BITS &: UNITS RANGE

ALL Preamble 8 (Same as GPS)
(First word) Station ID 12 1 1-4096 '

Station Heal th 2 - 4- states
Spare/Parity 2/6 - -

ALL Z-Count 17 6 sec 9- 100,794-
(Second word) Subframe "type 3 - 1-8

Spare 4- - -
Spare/Parity 2/6 - -

,_. -

TYPE J Pseudorange Correction J6 0.1 m + 3276~8 m
(correctiotlS) Range-ra te correction 8 X6 0.004- m/sec ~ .512 m/s
Each satellite Satellite 10 5 1 1-32.

SateJ1ite Health 3 - 8 states
(6 satelli tes';
subframe) Spare/Parity 4-8 - -

TYPE 2 Delta Correction J6 0.1 m + 3276.8 m
(Auxiliary Age of Data 8 See ICD-GPS-200-
corrections) Satellite ID 5 X6 J 1-32
Each satellite Satellite Health 3 - 8 states
(6 satellites/
subframe) Parity (Total) 4-8 - -

TYPE 3 ECEF X-Coordinate 32 .OJ m 7:!: 2.J5xJ07 km
(Station ECEF V-Coordinate 32 .OJ m :!: 2.15xJ07 km
Location) ECEF Z-Coordinate 32 .OJ m :!: 2.15x10 km

Parity 32 - -
Spares 96 - -

TYPE 4- Whole Doppler Count 8 1 0-255
(Surveying) Fractional Doppler Ct. 8 1/256 wavelength 0-255
Each Satellite Satellite ID 5 1 1-32
(8 satellites/ SatelJite HeaJth 3 - 8 states
subframe) Parity 6 - -

TYPES 5-8 OptionaJ
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The Type 3 Message contains the earth-centered, earth-fixed (ECEF)
coordinates of the differential station. The data is contained in one subframe.
This message type need only be broadcast every two or three minutes.

A Type 4 Message was developed to accommodate the extreme preclslon
required by some surveying applications. This message consists of satellite
identity, whole Doppler cycle counts, and fractional Doppler counts, timed fro:n
the previous subframe transmission. Use of these counts enables relative location
accuracies in the centimeter range.

The format can accommodate four more message type-s, which can be added
at a later date. A message for aircraft could contain weather, runway condition
data, runway threshold coordinates, tropospheric refractivity measurements, or
instructions to individual aircraft, for example.

If the reference station is a pseudosatellite, the receiver passes along the
data to the processor just as it passes data from the NAVSTAR GPS satellites. The
processor requires no hardware changes to handle the differential data.
Furthermore, the bit phase transitions are or can be synchronized to GPS time, so
the range to the station can be determined. In this configuration the reference
station acts as an extra satellite, and can be used to improve the accuracy of the
positi-:>n estimate. -,'-

The data format also accommodates an external data link. The data link
itself can be at any of a number of frequencies that might be available or -"
convenient to a particular user group. For example, Mode-S is a planned L-band
data link for air-to-ground andground-to-air communications for civil air users. It
may be possible in the future to use some of the Mode-S data slots for differential
corrections. Other possible aircraft bands include VOR broadcasts (108-118 MHz)
and VHF communications (118-136 MHz). For marine users, the Radiobeacons (285-
325 mHz) may be able to be modulated to provide the differential corrections.
These signals can be received over the horizon. VHF frequencies (150-174 MHz)
may be employed where line-of-sight communications are feasible. It may be
possible for vehicles to use unused portions of the FM band to receive differential
corrections in the future.

The only requirements placed on the data link are that the data rate be at
least 50 bits per second, that it interface with a serial, asynchronous, standard RS­
422 port, and that it preferably send the format data to the receiver as ASCII
characrers. Otherwise, the data can be transmitted as a fast data burst or a
continuous stream and employ any convenient modulation scheme.

8.4.4 Data Link - Pseudosatellite

The pseudosa teHite technique has been proposed as a means of broadcasting
corrections to NAVSTAR GPS users at a low cost. With this approach, the ground
station uplink operates at the L1 frequency, 1575.42 MHz, and uses the same
biphase modulation, chipping rate, and data rate as the GPS satellite signals. The
receiver can then receive the signal, demodulate it, and process the data just as if
the station were a satellite. The modifications in the receiver design necessary to
accommodate the differential format would be software changes -- no hardware
changes or separate antenna would be involved. From the system design
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perspective this approach would make differential NAYSTAR GPS 'a self-contained
operation. No interfaces with existing facilities would be required, and no non-GPS
frequencies would be involved.

There is another significant advantage to pseudosatellite operation as well.
By tying the ground station into GPS system time, the signals can provide ranging
from the station. In effect,. the ground station can serve as another "satellite",
thus improving the POOP (and hence the positional accuracy) and reducing the
susceptibility of the NAYSTAR GPS to satellite faults or service outages.

ffl~ differential workshop held at the Transportation Systems Center this
year established that a 50 bps data rate would be adequate for accurate
differential operation. Thus, the pseudosatellite technique, which is constrained to
50 bps, has a high enough data rate to support differential operation.

However, the major problem with the pseudosatellite technique is that it may
cause interference with other GPS receivers in the area, and could even jam
differential receivers. In the GPS design the satellite antenna patterns are tailored
to provide a fairly constant signal to receivers on the earth. Since the signal power
received by a user falls off as the square of the distance from the receiver, large
variations of signal will occur with a differential transmitter. Users close to the

. station would experience a large signal, which could cause interference with the
satellite signals and could even cause false lock, or saturate the RF amplifier.
Several techniques have been proposed to alleviate the situation, but none appear
to be entirely satisfactory. Time multiplexing looks to be quite promising, wherein
the ground station transmits only I millisecond out of 20. However, if those
transmissions coincided with satellite data bit phase transitions, data could be lost
which might not be reacquired for up to 30 minutes. Frequency multiplexing does

J. not appear to substantially reduce interference, while the use of a separate
.'Ffrequency in the GPS band would require a separate IF section, which' would be
~".,'expensivee

" There are other problems as well. For aircraft usage, a bottom-mounted
antenna might be required for satisfactory signal reliability; this would add
considerable expense for an airborne user. For applications where users might be
blocked by terrain from line-of-sight reception of the ground station transmissions,
there is no method of relaying the signal or of using multiple transmitters. Such
users would just lose the signal. This consideration makes the pseudosatellite look
less feasible for marine applications in harbors and inland waterways, where
experience with YHF communications has established the considerable difficulties
with providing coverage in such areas.

If the difficulties can be surmounted, pseudosatellite operation appears to be
very attractive for a large number of users. The station clock should then be a
high-quality clock with good long-term stability as well as short-term stability. A
rubidium or cesium standard should be employed. The transmitter antenna should
be designed to give good low angle coverage down to about 3 degrees to cover
aircraft approaches to airports. The antenna design should exhibit a rapid falloff in
antenna pattern below 3 degrees to reduce multipath. Multipath would reduce the
effectiveness of the station by increasing the error in range to the station. The
contradictory require ments of low-angle coverage and low multipath make it
difficult for surface users to be accommodated by the pseudosatellite.
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8.4.5 Data Link - External Communications

For applications where a pseudosatellite is not applicable, it will be necessary
to broadcast the corrections on a separa te data link. This link could be devoted to
differential corrections, or could be shared with other services. There are several
types of communications that could be employed.

1._ Line-of-sight (e.g., VHF, L-band, microwave), wherein the transmitter
tower must be strategicaUy.located and tall enough to be visible to the
users in the coverage area. -

2. Ground-wave (e.g., radiobeacons), wherein the frequency is low enough
to reach ta~gets beyond the horizon.

3. Satellite relay, whereby signals are transmitted to a satellite relay
station, and retransmitted to earth.

Satellite relay communications do not appear to be attractive because of the
expense of the user equipment and the leasing of time on the satellite. Line-of­
sight and ground-wave communications appear to be the most likely candidates, but
each has its limitations. Earth curvature limits line-of-sight communications
between station and surface users to 15 to 20 miles. Thus, several transmitting
stations .would be required to cover an area such as Delaware Bay. In principle,
ground-wave propagation using low frequency (LF) and medium frequency (MF)
bands could be used to increase the range, since such signals can be received by
users beyond the horizon. However, competition for radio spectrum allocation is
severe. One possibility is to use marine radiobeacons in the 275-335 kHz band.

Some of the advantages and disadvantages of different communications bands
and existing broadcast facilities are discussed below:

1. LORAN-C - The 100 kHz band is ideal for- broadcasting over-the­
horizon signals. Three or four stations could serve the entire eastern
coast of the U.S., for example. LORAN-C transmitters can and have
been modified to transmit data, but it does not appear that this
approach is feasible. If a non-LORAN modulation is used, it will
interfere with LORAN-C. Using LORAN-C modulation requires a
costly data receiver, which is not desirable.

2. VHF Communications - VHF is a likely communication medium for line­
of-sight applications. Both air and marine users have assigned bands
that could· conceivably be used for differential broadcasts. The
accessibility of these frequency bands for navigation use is considered
to be more problematic- than other techniques, so that this should be
explored further only if other means are not available.

3. Radiobeacons - The LF and MF bands used by air and marine
radiobeacons appear ideal for providing over-the-horizon coverage. The
technical problems involved with modulating the radiobeacon
transmitters appear to be quite tractable, and the resulting
communications receivers would be quite inexpensive. Differential
OMEGA corrections are currently being broadcast by radiobeacon units
in Southern Europe, and these unit~~e under evaluation by the U.S.
Coast Guard for use in Puerto Rico. Ranges of 100 km are possible
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in principle, but most radiobeacons are mor"e li rnited in range as they
are currently employed.

4. Satellite Communications - Satellite broadcast of differential GPS
corrections is considered to be unlikely for many users due to the weak
signal and directional antenna requirements. It was noted that oil
.exploration companies might implement such a system through
·INMARSAT for so me applications. It was also noted that it might be
possible for a country or continent to provide a special satellite to
augment GPS coverage, while providing differential GPS signals.

5. Mode-S' - The Mode-S transponder system for airborne air traffic
control use incorporates adata link. The specifications for this data
link are now being developed. It is expected that most aircraft will
have these transponders in the early 1990's. It would be convenient to
have the data link message from the ground include differential GPS
corrections. .

In summary, the external data link can be implemented in a variety of ways
using any of several different frequencies. The problems lie in selecting the best
implementation techniques and obtaining the necessary institutional acceptance.

The discussion so far has been confined to one station' and one user.
Coverage of a large region would require a number of differential stations with
overlapping areas of influence. In such an environment a user would frequently be
closer to one station than another, but a useful satellite visible to the user could be
hidden from the nearer station while being visible to the one further away.
Enabling the user to get this· information requires that differential stations

'communicate with each other; or, if differential stations and communication sites
""'are separated, the communications sites would have to talk to more than one
.differential station. In either case, the differential system designer faces the
~problem of integrating the multiple differential station inputs.

8.4.6 Receiver Design Implications

Civil usage of differential NAVST AR GPS service will include commercial,
research, search-and-rescue, and pleasure modes of operation. Receiver designs
may differ significantly, so the differential service provided must allow for these
differences. Mask angles, the number of satellites used in the navigation solution,
and the algorithms used can differ. Some receivers may be single-channel, others
dual-channel, and still others may have multiple-channel parallel operations. The
dual-channel design, for example, offers some significant performance advantages
for aircraft: redundancy, all-in-view sa tellite capab ili ty, quick startup, and
smoother navigation during satellite transitions. A dual-channel experimental
receiver has recently (~Orn developed and demonstrated by M.I.T. Lincoln
Laboratory for the FAA .

Since the user makes use of corrections determined at the differential site, a
data link receiver is required as _well as a navigation receiver. If the system
incorporates a pseudosatellite, this receiver is realized by channel management
software--no separate communications interface is needed. The software
generates the appropriate "satellite" code for the receiver, directs the data
management software to interpret the data differently than usual, and instructs
the navigation processor how to treat the data. If the system requires a separate
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data link, however, a communications interface and communi'cations receivers
must be added to the user equiment., The channel management software must also
be modified to handle this differential data.

8.5 PERFORMANCE ESTIMA TES

8.5.1 General

Performance estimates derived in this section are intended to predict
performances and to present a comparison of the navigation accuracies of a variety
of users. Numerical values are based on G:omputed or predicted performance
estimates. Field tests conducted on the pseudorange measurements by others are
compatible with our predictions. While the performance predictions are made in
absolute terms, emphasis should be placed upon the relative accuracy of one
system as compared to that of another. Both systems are compared under a
common set of assumptions wherever possible.

Several noise and bias components enter into the positional error
determination of a user's receiver. Although noise components are assumed to be
stationary random processes some discretion is used in estimating bias and noise
errors during the short intervals when measurements are being taken. The
following are the typical sources of errors in the measurements.

RECEIVER NOISE - code tracking loop error due to thermal receiver noise.

UNCERTAINTY IN THE REFERENCE SITE MEASUREMENTS - the noise
error component associated with the reference receiver; it is seen by the user
as a bias in the measurements.

EPHEMERIS - residual error in the ephemeris correction; it increases linearly
with separation of user and reference site. In the absence of Selective
Availability, this term is negligible.

USER CLOCK NOISE - Phase noise in the user clock, appears as receiver
noise.

RANGE QUANTIZAnON - noise error in pseudorange due to limited code
tracking resolution of a particular receiver" design. A unit designed for
differential lise would use enough resolution to reduce. this to negligible
levels.

IONOSPHERIC BIAS - bias error due to different paths being traversed by a
satellite signal to the user and the reference site. By proper use of models,
this can be limited to the differences caused by ionospheric inhomogeneities,
which are usually less than a meter.

IONOSPHERIC NOISE - Noise error due to short term ionospheric
fluctuations. This is small and is considered negligible.

TROPOSPHERIC BIAS - Bias errors in the correction estimates for receivers
at different altitudes and distances from the reference site. This error is
zero near the reference site, and can be estimated fairly well with models.
Fluctuations in temperature and humidity leave a residual error.
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TROPOSPHERIC NOISE
tropospher ic fluctuations.

Noise error in the measurement due to

MULTIPATH - Noise error caused by reflections of the satellite signals from
terrain and buildings.

MULTIPLE ACCESS INTERFERENCE - Interference from other satellites; up
to 1 db interference noise in tne receiver.

These noise sources and their magnitudes are discussed in Appendix K.

In addition to the performance of the differential station, the performance of
three classes of user receivers was analyzed based on their unique service
requirements. The three classifications are:

1. Marine navigation receiver.
2. Airborne receiver.
3. Marine/Land navigation receiver.

The performance estimates for these different users are given in Sections 8.5.2
8.5.4. The performance of the baseline differential station is estimated below.

In a differential system, it is somewhat arbitrary whether errors are ascribed,
to the user or to the reference station. In this report, all errors will be ascribed to
the user except for the uncertainty attributed to the differential station
measurement. The differential station uncertainty is caused by receiver noise,
multipath, range quantization, and surveying error. The last two are assumed to be
negligible.

,"-' Multipath is site-<:tependent, varies with satellite elevation angle and differs
,.",·,in azimuth. With proper 'siting, large multipath errors can be avoided, leaving

effects of surface reflections, which are significant only at low angles, i.e., below
10 to 15 degrees elevation. A value of one meter (one sigma) uncertainty is
budgeted for multipath.

Receiver noise depends on the code loop band width, any navigation program
smoothing, and a number of design options such as tracking technique, employment
of "prompt" correlation, and code loop detection technique. Assuming a parallel­
channel receiver with coherent detection, and a code loop bancjwidth of 0.1 Hz,
errors due to receiver noise can be limited to 1.6 meters (one sigma). The variation
of the delay caused by Selective Availability limits the amount of smoothing that is
effective. That is, further resolving of the code loop bandwidth would result in loss
of lock, and smoothing by a navigation filter would not be effective.

Therefore, the uncertainty of the reference station is estimated from the
multipath' (l meter) and receiver noise (l.6 meters) to be 1.9 meters (one sigma).
This unc;ertainty is passed along as a bias error to the users, whose correction
estimate for each satellite obtained from the differential station has this error in
it.

8-25



8.5.2 \Jlarine Receiver Performance

The sources of error for a marine receiver are those cited in 8.5.1. The total
potential error is dominated by the receiver noise, and the amount of smoothing
that is allowed by dynamics of the vessel. A vessel on the open ocean would
experience considerable pitch, roll and heave var~ations. A Kalman filter designed
for such an environment would look quite different from - one designed for
navigation in harbor or inland waters, where wave and wind actions would be less
severe. Since- there is no need to obtain the accuracies enabled by differential
operation for ocean or coastal phases of navigation, differential operation should
be employed with a Kalman filter designed around the more benign" harbor
environment vessel dynamics. It will be assumed here that noise variations can be
smoothed during differential operations. A code loop bandwidth of 03 Hz is
assumed. Other parameters are given in Table 3-.5.

The error sources and their effects are estimated as follows for a marine
receiver 50 km from the reference station (one-sigma values are used):

Receiver noise error
Multipath error

Differential Station Uncertainty
ephemeris bias due to SA
SA error growth after 12 seconds
Ionosphere, troposphere

•

5.2 meters
1.0 meters
Total noise error - 5.3 meters

1.9 meters
1.2 meters
1.1 meters
0.5 meters
Total bias Error - 2.6 meters

The noise error for a sequential receiver can be reduced further by smoothing
by a factor of 2, to 2.65 meters. This gives a total pseudorange error of 3.7 meters
(one sigma). With a median HOOP of 1.5, this corresponds to a positional error of
ll.l meters (2drms).

The perfo.rmarice can be improved by using more. expensive receivers. If a
parallel-channel receiver is used, the smoothing can reduce the noise by a factor of
3, which would give pseudorange errors uf' 3.1 meters, equivalent to a positional
error of 9.4 meters (2drms).

Therefore, it appears that GPS is a promising candidate navigation system for
providing Harbor/Harbor Entrance guidance. These estimated performance figures
compare well with the 8 to 20 meters cited as a requirement in Table 2-4.

8.5.3 Airborne Receiver Performance

An airborne receiver must operate in a much more dynamic environment than
one for marine usage. A sequential, dual-channel receiver is assumed, having the
design characteristics shown in Table 3-3. By virtue of the 6 Hz code-loop
bandwidth, the noise error is considerably higher than for a marine receiv-er. The
wide bandwidth is needed to accommodate the short satellite dwell time of the
receiver (220 milliseconds).
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The error sources and their estimates are given below:

Receiver noise error
\1ultipath error

Total bias error

19.3 meters (one sigma)
1.0 meters

Total noise error-19.4- meters
2.6 meters (from 8.5.2)

, Smoothing by, the navigation filter can reduce the noise error considerably. A
factor of 2.5 is assumed here, based on ex.perience with simulations. This gives a
noise error, after smoothing, of 7.7 meters (one sigma). Combined with the bias
errors of 2.6 meters, gives an estimate of 8.1 meters for the total one sigma error.
With an HDOP of 1.3 (median value for an all-in-view receiver), the horizontal
position estimate is thus 21.1 meters (2drms). The altitude computed using CPS
would have about a 32 meter error (2 sigma), assuming a VDOP of 2.0.

Parallel-<:hannel operation would provide considerable improvement, erlabling
I. Hz code-loop bandwidths to be employed in the receiver, although further
smoothing would not be as effective.

While the accuracy is far better than that provided by existing FAA
navigation facilities, it does not provide Category 1 guidance, which calls for 9
meters lateral and 3 me'ter vertical accuracies. It is close enough, however, that
improved techniques may eventually provide at least the lateral precision required.

8.5.4 Land Receiver Performance

A land receiver would employ a design similar to a marine receiver. It would
probably be of an inexpensive, sequential design. Table 3-7 shows a set of typical
parameters for a land receiver. With a code-loop bandwidth of 1 Hz, the error
'sources and their effects for a land user 50 km from the reference station are
e'stimated as foHows:

Receiver noise error
Multipath error

Total bias error (from 8.5.2)

9.5 meters
1.0 meters
Total noise error - 9.5 meters
2.6 meters

Smoothing by a navigation filter would provide some smoothing, but not as much as
for a marine user. A factor of 1.5 is assumed. This gives a total pseudorange error
of 6.8. For an HDOP of 1.6, based on a lO-degree mask angle and a best-set-of-four
satellite selection algorithm (Table 7-1), this implies a 2drms error of 21.9 meters.

With this accuracy, land vehicles could in principle identify the block in a
city or town in which they are located. Most homes and buildings could be uniquely
identified by CPS location. The possible uses of this precise positioning accuracy
have yet to be explored. '
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9. RECEIVER COSTS

9.1 GENERAL

This section draws on existing cost models to project costs of NAVSTAR GPS
receivers, primarily at the lower<ost end of the spectrum. Two existing cost
models were exercised and found to give similar results, in spite of the differe.nce
in the approaches used. One model can be used to project trends and thus provide
predictions on future costs of receivers, subject to the condition that the receiver
architecture does not change. Of course, .in practice receiver architectures will
change to take advantage of rapidly improving t1igital technology. These changes
are addressed qualitatively.

Both single and dual channel receiver designs are considered here. A
sensitivity analysis is performed on the single channel receiver cost trends that
show that fairly large trend projection errors do not greatly change the predicted
receiver costs.

9.2 COST ESTIMA TES FOR SINGLE-CHANNEL RECEIVERS

The cost models described in Appendix E are based on the use of analog
components for many <lft~~fr functions that in today's designs would be performed
with digital circuitry , . Both models give similar results, and show general
agreement on the functional breakdown. Figure 9-1 shows the block diagram on
which the model is based. Figure 9-2 shows the comparative costs obtained by the
two models, where 1982 dollars are used. The shaded region in the right-hand bar
graph is the expected decrease in cost of the digital circuits during the time that
elapsed between the studies. The most noticeable dissimilarity is in the costs of
the enclosure/chassis. Of course, the SCI model was aimed at a marine user, while
the ARINC model was geared to avionics. Some differences would be expected,
but we have no explanation for these differences. All in all, the similarities are
more impressive than the differences.

These costs can be. trended to provide predictions of future costs using the
SCI model, which groups subcomponents into. trendable units, i.e., subcomponents
which are similar enough that they could be expected to follow similar cost
patterns. These subcomponents are:

Antenna
Microwave Circuits - preamp, local oscillator, RF mixers
Precision Osci lla todClock) .
Analog Signal Processing - filters, IF amplifiers, mixers
A/D Converters - analog to digital
Random Logic - gates, buffers, shift registers
Memories, Program and Data - includes ROM and RAM
Software - cost of programming
Microprocessor
Power Supply Regulators and Converters
Enclosure and Chassis
P. C. Boards
Display and Controls
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SCI MODEL
$4969 ANTENNA/PREA~P

~

ANTENNA/PREAMP
RF/IF

RF/IF

CLOCK CLOCK
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SYNTHESIZER

RECEIVER

RECEIVER

W~'/////,y;:
~ COMPONENT '~
~ COST ~
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(1977 - 19~

~~d~ ~

DIGITAL
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ENCLOSURE/CHASSIS

ENCLOSURE/CHASSIS

ASS E!'1BLY AND TEST

ACCOUNTING MODEL
$4739

•

FIGURE 9-2. GPS RECEIVER COST ESTIMATE, TWO MODELS

(1982 DOLLARS)
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Each function of Figure 9-2 uses a definable number of these subcomponents.
By using SCI's costs for the base year, and the predicted trending equations,
receiver costs can be estimated for any desired future time. The trending
equations involve either one or two exponentials; if one, they have the form
exp ((t-tb)/T), wheret is the future time, t

b
is the base time, and T is the trend

parameter. After T years, the price is predicted to reduce to lie = .37 of its base
year price. This is explained further in Section 9.3.

Using the subcomponent costs and trend parameters of SCI's model, the
predicted .prices of single-channel GPS receivers are the following (using 1982
dollars): •

1980 - $4969
1990 - $2850
2000 - $2160

Appendix E shows a similar chart, but using 1980 dollars. The method used to
obtain 1982 prices from 1980 prices separates the labor and material costs. In
Section E-2 of the Appendix it is noted that material costs of equipment appear to
track variations of the Producer Price Index (ppn, which has not risen as rapidly as
the Consumer Price Index (Cpn. The reason is that the CPI is affected strongly by
housing and food prices, which have risen sharply. For example, between 1980 and
mid-1982, the CPI rose by 17.4% while, the PPI rose by only Il.4%. The $4969
receiver price of 1980 is comprised of $2276 that is material-reJated, and $2693
labor-related. The 1990 and 2000 prices used the same Jabor-materials split.

The 1990 and 2000 projections are open to question for several reasons:

a. The receiver architectures will use more digital and fewer analog
components, which will tend to reduce the prices.

b. . Labor costs will rise faster than material costs, a factor not completely
accounted for in the prices. This will tend to raise the price figures
(see Reference 24).

c. The higher labor costs will probably raise the manufacturing burden and
the distribution percentages. As a result, the ratio of list price to
manufacturing cost will probably increase.

Wi.th these caveats, the numbers give a rough idea of future receiver prices.
The factors mentioned are offsetting to some extent, and difficult to predict, in
any case..

9.3 SENSITIVITY ANALYSIS

The trending equations used to derive the receiver cost figures for 1990 and
2000 are exponential in nature. Most subcomponent trends are single exponential
equations, mentioned above in Section 9.2. Some are expressed as the sum of two
exponentials, one sharply dropping with time, the other slow ly decreasing. To a
first approximation, each trend can be characterized by a period of time whereby
the subcomponent price is cut in half, called the "cost-halving" time.

The sensitivity analysis performed here considered the effect of doubling this
cost-halving time for each subcomponent, and observing the effect on the total
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receiver price in 1990 and 2000. Since doubling the cost-halving period implies a
slower rate of price decrease, the effect is to increase the price. The process is
then repeated by assuming a cost-halving period of half the original and observe
the resulting cost decrease. Figure 9-3 shows the results for 1990, and 9-4 shows
the similar results for the year 2000.

For example, the figures show that the big-leverage items are. the analog
signal processing, the random logic, and the enclosure subcomponents. Inaccurate
predictions of costs for these items have a more serious impact on the error in
predicted receiver price than do the other subcomponents. It is apparent from the
figures that the impact of erroneous predictions for any of the subcomponents will
change the price by less than 8%. In fact, if all subcomponent trend predictions
were simultaneously optimistic (or pessimistiC>, the price difference would be 25%
(-20%) few 1390, and 30% (-26%) for 2000.

These figures can serve as a measure of uncertainty of the predictions. By
bracketing the expected error in trends by assuming the cost-halving periods are
accurate within a factor of two, the price of a low-cost receiver should be $2290 to
$3585 in 1990, and $1628 to $2830 in the year 2000.

9.4 DUAL CHANNEL RECEIVER .

To estimate the dual channel receiver costs, the same basic receiver
architecture is used as for the single-channel receiver of Figure 9-1. Adding a
second channel, shown in Figure 9-5, involves adding a base-band receiver with its
code and carrier channels, plus a process controller for the second channel. The
system computer is considerably more complex, especially if a single-channel
backup mode is required, whereby the healthy channel takes over both navigation

;.and data functions in case of a channel failure. Thus, the number of
-;'subcomponents associated with the receiver function is doubled, and more memory

and processing capability is required, increasing both digital and software
.:!subcomponents" by about a factor of two. Enclosure and power supply costs are
also increased. The result is shown in Figure 9-6.

The increase in cost over a single-channel receiver is about 459<? A large
part of this increase is in analog components, which will be replaced by digital
circuits in future designs. The effect of digital circuits will be not only to reduce
the costs for both single and dual channel designs, but also to reduce the cost ratio.
As a rough estimate, dual channel receivers wi! probably cost about 25% to 30%
more than single-channel receivers.

9.5 IMPACT OF POSSIBLE CHANGES

9~5.1 Differential Operation - Since one satellite clock drives both the precise
P-code and the coarse acquisition CI A-code signals, and since both traverse the
same iononspheric/tropospheric path, the inherent precision of the CiA signal is
the same as the P-code, namely in the 5 to 10 meter range. If bias errors could be
removed, the CiA code could provide accuracies adequate for Harbor/Harbor
Entrance marine requirements, non-precision aircraft approach requirements, and
even laterai/iongitudinal requirements for precision approaches. Differential
operation can remove most of the bias errors by having a fixed, known station
broadcast correction terms.
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Percent Change 1990

-10% o 10%

Antenna·

Microwave Circuits

Precision Oscillator

Analog Signal Processing

AID Converter

Random Logic

Memories- Program

Memories- Data

Software

Microprocessor

Power Supply Regula tors

Power Supply Converters

Enclosure

P.C. Boards

Simple Displays

Controls- Rotary &: Push

Controls Toggle

Prediction too
pessimistic

Prediction too
optimistic

FIGURE 9-3. SENSITIVITY OF RECEIVER COSTS TO PREDICTION ERRORS IN TRENDS - 1990
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FIGURE 9-4-. SENSITIVITY OF RECEIVER COSTS TO PREDICTION ERRORS IN TRENDS - 2000
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$7232

~ ENCLOSURE $1042.

P0\4ER~ $ 223
.-.- SUPPLY ~ :j) l(~

" .
$4969

.- DISPLAY - ~ $1893..
$ 894
;,;leO ~
$ 175 - - DIGITAL_

$1044 ~

Lr RECEIVER I
$2338

$1169

.,

$ 554 SYNTHESIZER $ 554

$ 362 CLOCK $ 362

$ 360
;.- RFII F $ 360.

$ 285 - ANTENNA/PREAMP $ 285 ,

SINGLE CHANNEL DUAL CHANNEL

FIGURE 9-6. GPS RECEIVER COST ESTIMATE, DUAL CHANNEL RECEIVER
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In order to receive correction terms, the navigation processor must interface
with some kind of communications channel. One candidate is a VHF data link
which might be a separate VHF radio receiver, a link to an existing radio, or a !.ink
to an existing data link. The channel could also be to another data link such as
Mode S, which is planned for that time period by the Federal Aviation
Ad ministration. A third candidate is a pseudosa te llite, a ground station
transmitting a GPS-Iike code, wpich would provide correction terms in its data
message.(lt could also serve as an additional satellite).

The hardware implications fall into three categories:

1. Data link receiver, plus interface.
2. Interface to existing data link.
3. Software modifications to accommodate a pseudo-satellite message.

The first would be required by a user who did not already have a data link
capability. It would entail the expense of a data link receiver, installation of a
separate antenna, the communications interface in the GPS unit, and software to
accommodate the correction terms. These wouid be added to the basic cost of the
GPS receiver. The implementation would require a data link frequency allocation
by the provider of the service. -

The second would be required by a user who already owned a data link
receiver. It might have to be modified to output the differential corrections to the
receiver. It would entail a communications interface and software over and above
the GPS receiver. The provider of the service would have to negotiate the use of
the data link for this purpose.

The third is associated with the pseudosatellite approach. It is the least
expensive option for the user, since changes are necessary only in the channel
management and navigation software. Interference to GPS users near the
transmitting station may preclude this option, however.

These alternatives are currently under evaluation from both the performance
and cost standpoints.

9.5.2 Selective Availability - The Department of Defense currently plans to
provide a nominal 500-meter accuracy service to civil users, called Standard
Positioning Service (SPS). While the accuracy possible using the CIA code is closer
to 30 to 50 meters (2drms), national security considerations have led the DOD to
implement a program called Selective Availability (SA). Under SA there may be
several years during which the signal will be degraded to 500 meters accuracy, or­
be subject to periods of this degraded accuracy. This is, while the signal might be
more accurate, users of SPS could not depend on it.

Since any signal degradation imposed will be undetectable by the user, no
direct impact on receiver costs is anticipated. Indirectly, however, there .could be
some impact for the low--cost user. Some vendors could offer a cheaper version of
the system that would be geared towards the 500-meter accuracy figure. Specific
cost-reducing design techniques could include:
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1. Cheaper clocks c~ld be used, having 10-
7

sec/sec stability behavior,
rather than the 10 sec/sec required to achieve higher accuracies.

2. Receiver loop bandwidths could be broadened to minimize reacquisition
time at the expense of noisy tracking performa"nce.

3. Little or no smoothing of the data by the navigation processor would be
. involved.

4. An 8-bit microprocessor might be able to perform all receiver,
navigation, and channel management functions.

For higher performance aircraft and ships, and for receivers compatible with
differential operation, such designs would not be adequate. Therefore, the
imposition of Selective Availability can be expected to have no effect on their
rece iver costs.

9.5.3 Cost Recovery Policy - Currently under consideration is a policy to assess
user charges to pay for the maintenance and operation of the NA VST AR GPS
system. The probable implementation of such a. policy would involve the
encryption of the satellite CIA codes, whereby only users with licensed ''keys''
could unscramble the satellite codes and use the signal. The encryption codes
would change annually, and new keys would be distributed to paying users.

This would add some cost to the CPS receiver unit, since the keys would
probably take the form of ROM cartridges, which would plug into the. units. A
ROM connection and seal would be added to the unit, and software would be
required to combine the keyed and nominal codes to drive the receiver encoders.

.~.9.5.4 Improved Technology - There are a number of areas of technology where
:2gevelopments are occurring frequently, and which have applications to GPS
~i:l:eceiver/processors. It is well known that computer-related components are
rapidly increasing in speed, memory size, and capability; they are also decreasing
in power requirements, physical size, and cost. While such developments have the
direct effect of lowering the cost of imlementation of a given design, at some
point they enable a qualitatively different design approach to be used. Some of
these technological areas are now discussed, approximately in order of their
expected realization times.

A. Digital Baseband Receiver - There appear to be no compelling reasons
for performing code-tracking, carrier-tracking and carrier-tracking with analog
components any longer. The Experimental Dual f!B;mnel Receiver (EDCR), which
recently was tested by Lincoln Laboratory for the Federal Aviation
Administration, met design goals and works quite nicely. The baseband signal is
sampled at 2kHz, and all the code-tracking, carrier tracking, data demodulation,
AGC and lock detection are performed in software. The carrier error variable
drives a numerically controlled oscilla tor (NCO) to achieve frequency tracking, but
code tracking is performed digitally. Thus, this technology is available today.
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B. 16/32-bit Microprocessor - New experimental receivers are beginning to
incorporate 16-bit microproces;5ors. The EDCR has a separate 16-bit Zilog 8000
microprocessor for each channel. Another l6-bit processor (LSI-ll) is used for the
navigation and channel management functions. There are several advantages in the
new generation of 16-bit microprocessors:· (J) they can be run at higher clock rates
(5 to 15 MHz), (2) they are more efficient in addressing and arithmetic operations,
and (3) some, at least, obviate the need for auxiliary floating point processors. It
appears to be possible for one 16-bit microprocessor to perform all the channel
management and navigation tasks, as well as the data demodulation and
carrier/code tracking requirements of a single-channel digital baseband receiver.

C. High-Speed Digital Circuitry - The next generation of GPS receivers is
expected to replace analog correlation with digital correlation techniques. Thus,
for example, 20 MHz sampling of the signal at IF allows the C!A code to be
matched against ten different codes, while maitlWning the full information in the
CIA signal for each code. Lincoln Laboratory terms this the "virtual channel"
approach. Such a scheme obviates the need for sequential operation and the
associated channel management bookkeeping function. Each satellite in view can
be continuously tracked on a separate virtual channel. Theoretical anatB~

indicates that a one-bit correlator may be adequate. Interstate Electronics ,
has built a similar "all-digital" receiver using two-bit correlation for use with the
P-code as well as the C/A code, but the faster P-code requirements necessitate the
m'Jltiplexing of the satellites. Thus for C!A-code-only operation, the aU digital
approach is now technicaUy feasible, but probably n~t yet cost-effective. High
speed sampling wiU eventuaUy allow single stage downconversion of the L-band
signal.

D. Charge-Coupled Devices - Charge-coupled devices offer a means of
achieving high-speed correlation of the C/A signal with several satellites
simultaneously. They have the advantage of providing high-resolution analog
correlation at high speeds. It is not clear whether they will compete with digital
correlation techniques in cost in the next few years.

9.5.5 Large· Volume Sale of Receivers-If an extensive consumer market develops
for NAVSTAR GPS receivers, the price of inexpensive (3'6}eivers could drop to the
$500 level by the year 2000, if not well before then . Such receivers would
make use of custom "LSI technology: for example, each receiver channel might be a
separate chip, and the navigation processor and channel management functions
might be on a single chip. Such custom devices might find use in commercial
equipment. If not, at least many of the basic masks would be usable for the
development of integrated circuits. The effect would certainly be to significantly
reduce the cost of commercial receivers.
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10. CONCLUSIONS

10.1 ABILITy OF NAYSTAR GPS TO MEET AIR APPLICATION REQUIREMENTS

The chief considerations in determining whether NAYSTAR GPS is a useful
system for air navigation are (a) coverage, (b) accuracy, (c) short-term availability,
and (d) reliability. The stringency of each consideration depends or:' whether the
system is primary (used to determine ATC procedures) or secondary
(supplementary; used to enhance ATC operations and.aircraft safety). The effects
of selective availability must be considered as well.

a~ Coverage - NAVSTAR GPS shines in this category. Coverage is world-
wide, almost continuous, and is maintained down to the earth's surface. By
contrast the current navigation system, VOR/DME, provides service limited to
most of the CONUS, and drops out at low altitudes. There are numerous holes in
the coverage within the U.S. and contiguous countries, and no off-shore coverage
or oceanic coverage. The ATC radars also have coverage gaps, and lose targets at
low altitudes.

b. Accuracy - With Selective Availability imposed on the Standard
PQsitioning Service (SPS), NA YSTAR GPS will provide nominally 500 meters*
(2drms) accuracy, approximately 1/4 nm. Under the recently announced policy of
100 meters (2drms) accuracy for SPS, non-precision approach requirements will be
met. This makes the system attractive for oceanic en route and terminal
navigation. Helicopter operations will be greatly enhanced by GPS because of the
remote-area, offshore, and low altitude coverage. Non-precision approach
requirements would not be met near the airports. The current YOR/DME system

;, provides 100-meter accuracy at the missed-approach-point at airports where a YOR
,~facility is installed. With differential operation, non-precision approach guidance
,,;·~accuracy is readily achieved.

~_, If and when SPS is restored to the full accuracy possible, 20 to 50 meters,
non-precision approach accuracy requirements could also be met. With differential
operation, the accuracies approach the precision approach requirements.

c. Availabilitv - The seriousness of this problem area for NAYST AR GPS,
is not yet clear, and may not be until the system is operational. With the new
satellite spare-location strategy, outages caused by satellite alignment have been
eliminated for receivers with mask angles of five degrees. However, the FAA
believes that a ten-degree mask angle is necessary to guarantee accuracy for low­
lying satellites. At low elevation angles, multipath can be more of a problem,
since the antenna pattern discrimination against reflections is not as strong, and
since the reflection coefficients of land and water are maximum there for vertical
polarization (the antenna, polarization is essentially linear near the horizon). When
an airplane banks, the antenna discrimination against multipath decreases and
antenna polarization has an increased horizontal component. In addition to
multipath, low-lying satellite signals have a higher noise content. How serious
these problems are in practice has not yet been determined. The technique of
"clock coasting" appears to be promising, but the studies' are not conclusive.
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d. Reliability - It is this category where primary and secondary usage have
different requirements. A primary system must have high reliability, while for a
secondary system the requirement is not as stringent. As a secondary system
which provides good guidance when the service is available, GPS has more than
adequate reliability. The satellites are designed to have an MTBF of about 7 years.

As a primary system, the reliability must be extremely high, or incorporate a
universally-employed backup that requires no significant procedural changes. For'
example, a backup system that required a sudden change from great-circle to
point-to-point flight paths would not be ac~eptable. The VOR/OME system is
highly redundant, in that loss of a station is not serious. Loss of a satellite,
however, can cause outages of 20 to 60 minutes at some locations in the U.S.

NAVSTAR GPS may in fact prove adequately reliable in practice, but this·
will have to be demonstrated. However, serious consideration should be given to
augmenting the 2l-satellite GPS in order to provide backup in case of satellite
outage.

10.2 ABILITY OF NAVSTAR GPS TO MEET MARINE
APPLICATIONS REQUIREMENTS

The chief considerations for the acceptability of NAVST AR GPS as a civil
marine navigation system are the same as for the air system. However, there are
different requirements in each category. Selective Availability is more of a
problem for marine applications than for air applications.)

a. Coverage - Coverage of NAVSTAR GPS is global, which makes it highly
. attractive for marine use.

b. Accuracy - The accuracy of NAVSTAR GPS is mor~ than adequate to
meet the safety requirements for the Ocean and Coastal Phases of Navigation.
Commercial fisherman, however will find that under Selective Availability, the
system is inferior to LORAN-C, because the repeatable accuracy is not as good.
The repeatable accuracy of LORAN-Cis better than 30 me.ters in popular coastal
fishing waters, and enables fishermen to return to favorable fishing spots. The SPS
provides nominally 500 meters (l00 meters under the new policy). Repeatable and
predictable accuracies are not very different. If and when SA is removed, the SPS
will provide 30-meter repeatable accuracies. The considerations are similar for
search-and-rescue opera tions.

For Harbor/Harbor Entrance (HHE) and Inland Phases of navigation, until
Selective Availability degradation is turned off, these requirements can only be
met with differential (1Ijera tion. A figure of 8 to 10 meters (2drms) is cited as a
requirement for HHE ,and even with SA turned off, the expected accuracy of
GPS is 20 to 40 meters, which would be adequate for navigation in less stringent
harbor areas. With differential operation, 10 to 15 meters appears to be achievable.
Since this is the middle of the 8 to 20 meter estimated requirement, it appears that
the usefulness of differential GPS will have to be established by field tests.

The Federal Radionavigation Plan (I7) attributes a relative accuracy of 10
meters to NAVSTAR GPS. That is, 2 receivers at the same point and the same
time should differ by less than 10 meters. However, this is premised on the
unstated assumption that the mask angle, satellite selection algorithm, and
navigation solution algorithm are the same. If they are not, the solutions could

differ by up to 500 meters (IOO meters under the new policy) under Selective
Availabihty.
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c. Availability - Outages that occur for airborne receivers can be avoided
for marine receivers by proper choice of receivers, i.e., those that require only
t~ree satellites to obtain a navigation solution. Such receivers do not experience
the same geometric outages, and are less vulnerable to the loss of a satellite.
Operationally the availability requirement is much less severe for most marine
applications. Oceanic and coastal navigation require only periodic fixes. Inland
waterway and· harbor area navigation during periods of low visibility do require
continuous operation.

The availability of NAVSTAR GPS appears to meet t/;)ese requirements and
the ones formally stated in Section 2.3.

d. Reliability - Reliability requirements are not as stringent for ships as
for aircraft. Only for HHE and Inland Phases of navigation is continuous service
required. Even these brief outages could be dealt with if they were predictable,
since the master could avoid navigating narrow channels at those ti:nes. The
likelihood of a satellite going out during a maneuver is miniscule. Furthermore,
the absence of one satellite rarely causes a problem. The likelihood of a
problemmatic outage occuring during a low-visibility situation is rare indeed.
Notices to Mariners would incorporate any long-term satellite faults and describe
.the area and time of day where any outages might occur.

It appears that NAVSTAR GPS reliability is adequate for marine users.

10.3 ABILITY OF NAVSTAR GPS TO MEET LAND APPLICA TIONS REQUIREMENTS

The land-based usage of NAVSTAR GPS could well prove to be the most
extensive in the long run, especially if receiver costs could be reduced enough to be
,within reach of the consumer market. However, it is difficult to define formal

"requirements for land uses, because there is no federal mandate to set safety
':~equirements in this area, and because there is very little experience with land
'navigation at all.

a. Coverage - Coverage is universal for land users, except where blockage
limits satellite visibility.

b. Accuracy - The accuracy figures of Section 2.4 are educated guesses,
and range from 30 meters to 300 meters. These can not be met at the planned

. level of Selective Availability degradation, but could be met when it is removed.
For surveying applications, differential techniques could ameliorate the effects of
Selective Availability, because reference receivers could be placed at nearby
surveyed points, and the readings compared with time, using similar receiver
algorithms. Vehicles could not identify which street and block they were on with
500 meter service, but could do this quite nicely at 30 meter service. For rural
police and medical service applications, the 500 meter (100 meters under the new
policy) service might be adequate to guide vehicles within sight of accidents or
other targets.

c. Availability - There is a considerable uncertainty in this area, because
of the unassessed impact of blockage on land receivers. Certainly navi.sation
guidance would be lost during transit through a tunnel, but of course there is then
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little uncertainty on the user's part as to his location. Unlike aircraft and ships,
land applications are frequently in valleys, near buildings, and other areas where
low-lying satellites may be blocked by natural and man-made objects.

A moving vehicle could easily lose two or more satellites temporarily for a
period of time, during which errors could build up. There is also the real possibility
that a satellite could be blocked from view, but its signal could be received via a
reflection from a nearby building. Such a signal would appear to the receiver ,as a
valid satellite signal. Large errors could result if this situation remained for
several minutes. This is an area that needs both analysis and field tests.

d. Reliability - Not enough is known about applications to determine
whether GPS reliability will be adequate. It certainly meets the availability
figures of Section 2.4.

10.4- RESOLUTION OF THE ISSUES

The ten issues identified in Section 1.4- were addressed in this report, but not
in the order listed there. In order to provide a concise account of the relation of
the work to the issues, the following sections summarize the conclusions by issue.

10.4.1 ISSUE 1: Satellite Outages

At the time the project began, it was planned to provide 18 satellites in the
NAVSTAR GPS constellation. In this constellation, outage periods of 5 to 25
minutes would occur twice a day in several regions of the country. Since then the
Joint Program Office announced the intention of providing three active spares, and
locating them in such a way as to remove these outages over the CONUS.

In this report it was shown that the outages would indeed be removed for
receivers utilizing a mask angle of 5 degrees, but outages still would occur for
receivers with lO-degree mask angles. Further study showed that the outages
disappear with 8-degree mask angles. Based on this, it is recommended that 8
degree mask angles be employed for civil users requiring 3-dimensional navigation
data.

For users requiring only 2-dimensional navigation or positioning data, only 3
sa tellites are required for establishing a solution. For these users the outages do
not exist even for the 18 satellite constellation, so there is no outage problem.

10.4.2 ISSUE 2: Satellite Failures

In general, once satellites have been launched and satisfactorily operated for
a time, failures are usually not catastrophic. More typical are performance
reductions, such as reduced power and reduced clock stability. However, it is
difficult to develop a figure of merit to describe such a situation. Furthermore,
there is a threshold of performance which renders the satellite signal unusable for
some applications. The approach used here thus assumes the loss of a satellite and
involves a computation of the resulting dilution of precision measures over the
CONUS.
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In the analysis, one satellite at a time is re:noved and the resulting locations,
times, and durations of outages over the CONUS are determined. Assuming an
equal likelihood that any particular satellite might fail, some locations are more
likely than others to be affected by a satellite fault. Resulting outage times vary
from 10 to 60 minutes per day. While some satellites faults cause more serious and
extensive outage periods than others, the faulting of any satellite will cause
outages somewhere in the CONUS during the day.

10.1+.3 ISSUE 3: Temporary Loss of Satellite Signal

Simulations run using the AIRGPS receiver model indicate that ,temporary
loss of a satellite signal does not significantly degrade the accuracy of the
navigational solution if a medium-quality clock (one with a short-term stability of
one part in 100,000,000) is incorporated in the receiver. The effect of a poor­
quality clock (short-term stability of one part in 10,000,000 or more) is evidenced
by larger errors. Medium-quality clocks can be obtained in small numbers for less
than 5100. For any application requiring continuous high accuracy, such as
terminal-area aircraft guidance, receivers should be equipped with such clocks.

It should be noted that it is necessary to have enough satellites in view when
a set is turned on in order to establish a good time estimate. Subsequent brief
periods where only three satellites are in view can then be accommodated.

10.1+.1+ ISSUE 1+: Selective Availability

If the current plan of the Department of Defense is carried out, namely to
provide 500 meter (2drms) service (l00 meters under the new policy) for Standard

,'. Positioning Service (SPS) when the system becomes operational, there are a number
of navigation functions which NA VSTAR GPS cannot provide. Non-precision

<~; approach guidance service, for example, calls for 100-meter (2drms) accuracy .
.':);'fSearch and rescue marine operations and harbor navigation guidance would be

\'>.+compromised. Repeatable accuracy needed by commercial fishermen would not be
"provided, even though it is currently available from LORAN-C.

The Office of the Secretary of Defense recently announced' (37) that the level
of service to be provided by SPS will meet that of any other federally managed
navigation system. While not definitive, it strongly suggests that an accuracy level
closer to 100 meters (2drms) may be offered when the system becomes operational.
If this occurs, GPS will support non-precision approaches, search and rescue
operations and navigational guidance in a number of harbor areas. This is n~w

official policy.

10.4.5 ISSUE 5: Differential GPS, Without Selective Availability

Ignoring .Selective Availability, differential corrections would remove errors
caused by inadequacies in the ionospheric and tropospheric models used by a
receiver. In the absence of SA, these are the dominant error sources. A receiver
near the differential reference station could achieve accuracies limited only by his
receiver noise, i.e." 10 meters or less. Receivers further away from the reference
station would incur errors due to inhomogeneities in the ionosphere and
troposphere', typically on the order of a meter or less. Errors due to altitude
separation between user and station, due to elevation angle differences, or due to
ionospheric shell spatial variations, can be modelled out by the user rece'i'ver who
desires the additional accuracy.
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By employing carrier Doppler measurements, it may prove possible to make
sub-meter measurements for stationary receivers, which could have significance
for surveying, geodesy, and charting applications.. Special differential messages
would need to be broadcast for these applications.

10.4.6 Differential GPS, With Selective Availability

The imposition of Selective Availability adds relatively large errors in the
position determination of conventional receivers. The time variations of Selective
Availability also dominate the- time variations of the satellite ranging signals.
However, with differential operation these deliberate errors can be counteracted in
a local area. The broadcast of these corrections poses no security problem.

The corrections virtually cancel the effects of SA (as weU as those of the
ionosphere and troposphere) for users near the reference station, immediately after
the corrections are applied. After a few seconds the positional accuracy begins to
degrade. For marine applications, it appears that 10 to 15 meter accuracy can be
attained with correction updates every half minute.

In a recent workshop at TSC, a strawman format was developed for the
broadcast of differential corrections, which enables updates every 12 seconds. In
addition to broadcasting pseudorange corrections, the format calls for broadcasting
range rate corrections as well, which further improves the accuracy between
updates. It thus appears that the accuracy achievable with differential operation is
limited by the noise limitations of the user's receiver. This in turn depends on the
dynamics of the user "platform. The more benign the accelerations involved, the
more pre~isely the user can determine his location.

10.4.7 ISSUE 7: Receiver Cost vs. Level of Service Provided

Using the technology of 1979, the cost of a ~eneral aviation or small
commercial marine receiver is estimated to cost about ~5000 in 1982 dollars. Such
a receiver would employ a sequential design and have one channel. It would lose
accuracy during aircraft maneuvers. To achieve· the next increment of
performance for an aircraft receiver, a dual channel design would probably be
employed, which would increase the cost by about 40 to 45%, or $7000 to $7300.
By the year 2000, the price of a similar design would be expected to drop to about
40%, or about $3000.

However, receiver technology is changing rapidly to take advantage of the
dramatically reduced costs 'of digital circuitry, which is paced by military and
consumer markets. This could bring the receiver costs down further by a factor of
two or more.

10.4.8 ISSUE 8: "AU-In-View" Position Computation

Use of an "aH-in-view" sateUite selection algorithm can increase accuracy by
about 25 to 30%. It is expected to improve the accuracy of position fixes during
maneuvers as weU, although simulations have not yet been run on this project to
ver ify this.. The cost implications for a receiver in the next few years are that the
more expensive dual channel receiver design must be employed. However, the use
of monolithic integra ted circuit techn iques is expected to bring the cost of
additional channels down significantly, so that the cost increment can be -expected
to drop by the ear ly 1990's.
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10.4.9 ISSUE 9: Kalman Filter vs. Alpha-Beta Tracker

Kalman filters show improved performance over alpha-beta trackers,
especially during maneuvers, although alpha-beta trackers can be improved by
using adaptive techniques. In addition, alpha-beta trackers are much less complex
computationally. The issue is whether a Kalman filter design can be employed in a
low<ost receiver without adding significantly to the cost.

While previous processor microprocessor technology has required multiple
processors to accommodate Kalman filter algorithms, it now. appears that current
microprocessors using high clock rates can enable sizable increases in program
sizes and computational complexity without requiring multiple processors. Thus,
for future receiver designs the computational complexity added by a Kalman filter
is not expected to be a significant cost item.

10.4.10 ISSUE 10: Aiding

Aircraft GPS receivers can be aided by encoded altimeter inputs, which
reduce the number of satellites necessary for a position determination by one. This
would eliminate the problem caused by a single satellite fault. However, altimeter
errors result in horizontal positional errors. If the errors in the Standard
Positioning Service are 100 meters or more, the aiding will improve the solution. In

.. differential operation, on the other hand, an altimeter input will actually reduce.
. the accuracy of the system, and should thus be avoided.

10.5 RECOMMENDATIONS

In summary,. the NAYST AR Global Positioning System will provide navigation
._service to air, marine, and land users over the CONUS with an accuracy available
-~:only in limited area5 by other navigation systems. Differential operation will
...provide even higher accuracies using SPS regardless of the level of Selective

,;Availability employed. While outages of 20 to 30 minutes could occur for certain
:~a.ir users, these can be dealt with by proper receiver design. Satellite failures
could cause outage periods that could not be avoided· by these users, and could
cause outages for other users as well. Thus, the system is susceptible to the failure
of a single satellite.

Therefore, it is recommended that further work be performed to ascertain
whether the addition of a few more satellites to the GPS constellation could
alleviate this susceptibility.

Other recommendations are the following:

1. Tests shall be run with aircraft receivers employing mask angles of 8
degrees or less to establish whether civil aircraft can obtain adequate
accuracy using the low lying satellite below JO degree elevation. If so,
there is no outage problem with a full constellation.

2. DOT should explore the mea'ns of monitoring the GPS satellite signals
and estimate the associated costs. The means and timeliness required
for the monitors to alert users of any problems should also be
considered.
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3. The various multipath, blockage, and signal attenuation mechanisms
that can r.educe GPS accuracy should be enumerated and assessed, with
special emphasis on land user scenarios.

4. DOT should support further efforts to develop a standard for the
broadcast of differential· corrections.
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APPENDIX A. "AIRGPS", AIRCRAFT RECEIVER SIMULATION MODEL

AIRGPS is a Monte Carlo simulation of a generalized receiver architecture
opera ting in a 3-D environment. A simulated aircraft trajectory can be specified
in terms of a number of waypoint-defined constant-velocity or constant­
accelera tion segments. A nominally hemispherical coverage antenna pattern
model, which includes lever-arm effects, permits simulation of signal attenuation
and blockage associated with aircraft roll during maneuvers. Receiver operation is
simulated through the use of one of. two available receiver demodulator models
driving a navigation processor. One to four parallel ''hardware'' channels can be
modeled. Channel assignment is flexible, permitting a given channel to be
sequenced over a number of satellites in an arbitrary manner. Antenna motion
effects are also included~ A nine-state Kalman filter provides position, velocity
and turn rate estimates as well as estimates of the user clock phase and frequency
states.

The nonlinear receiver model in AIRGPS provides for detailed receiver
simulation, including operation in the nonlinear region where thresholds and break­
lock effects can be observed. It is primarily intended to provide data on receiver
performance over relatively short flight segments in which the receiver is highly
stressed.

A simplified receiver model is also contained in AIRGPS for use in providing
input data to the naviga.tion processor over longer duration flight trajectories. The
simplified model provides noise-corrupted pseudorange sa~~s to the navigation
filter. The variance is determined from Hartmann's equation for the
noncoherent tau-dither loop, using signal-to-noise ratios based upon satellite
location and user antenna pattern' orientation•. The simplified receiver model will
be used in locating specific flight segments which require more careful evaluation
using the nonlinear receiver model. The simplified model is cheaper to run by
about a factor of 10.

Nonlinear Receiver Model

The nonlinear receiver is a generalized receiver model capable of simulating
a variety of receiver architectures. Code tracking is simulated through the
modeling of a noncoherent tau-dither loop. Either Costas or AFC carrier tracking
can be simulated. Code and carrier tracking loop orders up to third-order can be
selected. Loop and noise filter bandwidths are operator selectable.

Simplified Receiver Model

The function of the simplified receiver model is to provide noise statistics
representative of the tau-(jither code loop. In essence, the model is represented by
an algebraic equation for the var~e of the tracking error of a noncoherent tau­
dither loop. Hartmann's analysis is based upon a linear code loop model and
assumes square-law envelope detection. Hartmann's analysis deals only with output
tracking error variance due to noise. Consequently, the simplified receiver model
does not simulate bias-like effects such as dynamic tracking errors due to vehicle
acceleration. The simplified receiver model serves only to replace the nonlinear
code and carrier loop demodulators in AIRGPS.
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APPENDIX B. "MARINEGPS", MARINE RECEIVER SIMULATION MODEL

MARINEGPS is a Monte Carlo simulation of a generalized receiver
architecture operating in a 2- D marine environment. It also employs both a
simplified code loop model and the simulated hardware portion of the receiver
(AGC and tracking loops, lock indicators, user dock, and channel management)
that is identical to the one contained in AIRGP5. The environment, user trajectory
generator, antenna model and navigation processor are different, being
representative of a marine simulation.

Unlike AIRGPS, the MARINEGPS environment module contains both a direct
. path and a multipath propagation model. The multipath model is a simple specular

model in which scattering loss at the surface is specified by the opera tor.
Polarization effects are neglected. MARINEGPS contains a relatively simple
antenn.a model which is general1y hemispherical in coverage but does indude gain
fal10ff at the horizon and a simple back lobe structure. Antenna lever arm effects
are simulated in order that both translational and rotational effects be modeled.

The user veh ide trajectory is modeled by a series of waypoint-specified
constant velocity or constant acceleration segments. Rol1, pitch and heave are
modeled by simple harmonic motion with amplitudes, periods and phases specified
by the operator. The MARINEGPS navigation processor contains a six-state
Kalman filter which provides estimates of user position, velocity, and clock states.
Pseudorange inputs to the Kalman filter are provid~d by the code loop. Doppler
information derived from the carrier loop is not used by the navigation processor.
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APPENDIX C. "TSCERR", ERROR BOUND MODEL

TSCERR is a software tool used to calculate a lower bound on the rms
position error achievable by a GPS receiver/processor. The bound is calculated
under constraints on the number of correIators (hardware channels), user cIoek
quality and external aiding. (if any) available to the receiv~r. TSCERR is
distinguished from Monte Carlo simulations such as AIRGPS in that it does not
involve a deterministic aircraft trajectory defined in terms of heading, speed,
altitude, etc. The bound is _calculated for a particular location in space as a
function of time and is averaged over an ensemble of aircraft with random
headings and accelerations. The bound is typical1y calculated over a twenty-four
hour period at time increments chosen to al10w significant changes in GDOP to
occur between sequential runs. This provides a measure of potential receiver
performance for conditions of varying GDOP. The bound serves to evaluate system
performance over relatively long time intervals (through sampling) as well as
conditions of highly varying GDOP, such as those associated with particular
geographic locations. TSCERR will also permit a comparison of the relative
performance of a particular receiver/processor architecture as simulated with
AIRGPS to the system's performance potential.
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APPENDIX D. SUMMARY OF OSCILLATOR PROPERTIES

Available clocks for user equipment can be divided into 2 classes:

1. Atomic clocks - These consist of quartz-controlled oscillators having
their average frequency (averaged over one second periods) stabilized
by hyperfine str'-Jcture transitions in one of three atoms: cesium,
rubidium, or hydrogen. These are all fairly expensive oscilla tors.

2. Crystal-controlled clocks - These are oscillators which are referenced
only to a quartz crystal so that mechanical and thermal stability of the
crystal determine the oscillator performance. We can further divide
these oscilla tors into two subclasses: low cost and expensive.

I. Low cost - Conventional simple mechanical supported crystals,
temperature thermos,tatically controlled.

2. Expensive - advanced resonaXo/l)design for mechanical isolation,
minimaIaging characteristics.

Atomic Clocks

The atomic clocks basically develop an aggregation of atoms in a non­
equilibrium population of energy states. The aggregation can absorb microwave
radiation over a very narrow frequency range thus serving as a reference frequency
for an external osci lla tor.

The center frequency and spectral width of the absorption line are
,determined by the internal magnetic moments and magnetic fields within the atom
and have been chosen from long-lived atomic states so as to have narrow line
widths and to be relatively non-interacting with outside systems.

The center frequency and line widths are perturbed, however, by collisions of
the a toms with each other or other gases, and with container walls and by external
man-made magnetic fields. The ultimate stability of the clock is determined by
the amount of isolation the atomic aggregation can be afforded. Thus, low
densities of gas and low temperatures and suitable container wall coatings serve to
minimize coUisions, and proper routing of electric currents and suitable magnetic
shielding further isolate the system.

The atomic clock is limited to the same short-term frequency errors as the
crystal-controlled clock since they both have the same oscillator sources. The
atomic clock has the advantage that for periods larger than about 100 seconds,
thermal and mechanical perturbations do not contribute to clock errors.

For the most part, the frequency stability and absolute accuracy of an atomic
clock suitable for use in user equipment are determined by the degree to which the
clock can be isolated from thermal changes, mechanical shock, and strong
magnetiC fields.

.,.,.
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The least expensive atomic clock (at pr:went) is the rubidium clock, which
can produce a frequency stability of I part in 10 for long periods (grea ter than 100
seconds) for normal operating temperature variations, and the 1/2 g accelerations
characteristic of the enviro~rnt for a civil aircraft. These can be purchased in
quantities for under $5,000.

Crystal-Controlled Clocks

The frequency-determining element in this type oscillator is a piezoelectric
quartz crystal whose resonant frequency is dependent on temperature, oscillator
drive level, pressure of the surrounding gas, and variations in external coupling
through physical support structures.

Many ingenious methods have been devised to make the quartz crystal
oscillator stable, but the fact remains that the cost of such an oscillator employing
elaborate ovens, mechanical isolation and reactance compensation, rivals that of
the atomic oscillator. Recently, advances in crystal resonator design have made ~ll

possible to construct crystal oscillators with 20-minute frequency accuracies to 10 ,
and there is reason to believe the co~~lor this type of oscillator would be much
reduced from that of an atomic clock • '.

The least expensive crystal, oscillator will, however, be more s~sitive to
temperature and acceleration 50 that a frequency stability of 10 may be
achieved. It will be shown that this is sufficient to provide accurate satellite
ranging in a sequential receiver but not sufficient to reme'mber satellite
synchronization time in the event of less than minimum satellite coverage.

Present estimated costs of user clocks are listed below and in Table D-l.

Rubidium Clock - $5000
High Accuracy Crystal Clock - $2500

TABLE D-l. TYPICAL QUARTZ CRYSTAL OSCILLATORS

FREQUENCY STABILITY
30-1000 EST.

TYPE 1 SE.C AV. SEC AV. COST

Clock Oscillator I ·X 10-8 +3 X 10-6 S 45.00

Temperature-Compensated
1 X 10-9 :t,l X 10-7Crystal Oscillator 150.00

Single Oven-Controlled
3 X 10-11 :t,5 X 10-9Crystal Oscillator 350.00

Double Oven-Controlled
5 X 10-12 +5 X 10-10Crystal Oscillator 900.00
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APPENDIX E. RECEIVER COST MODELS

This appendix compares two applicable cost models and describes a method
for treating cost-trends.

E.l COMPARISON OF EXISTING COST MODELS OF LOW~COST RECEIVERS

ARINC Study: "Avi~2!f;s Cost Development for Civil Application of Global
'Positioning System"

This study treats two classes of GPS avionics receivers: (I) a high­
performance set, suitable for air-carrier and corporate users, and (2) a low­
performance set, suitable for general aviation users. The Magnavox Z-set was used
as a point of reference, but MIL-spec components were replaced by commercial
quality components, and control/display and packaging were chosen appropriate to
aircraft installation. The author used two methods in his approach: (l) an
Accounting Method, which counts parts down to the IC's and printed circuit boards;
and (2) a Block Diagram Mettolod, using the RCA Price Model. Some uncertainties
in the Block Diagram method were removed by cross-correlation with the
Accounting Method. The Accounting Method can only be used when the design is
known and frozen, while the Block Diagram method is useful for estimating the
cost of equipment whose detailed. design is not known down to its parts. This work
is a carefully~xecuted study, and much care went into the. justification of the
numbers used. Figure E-l shows the functional breakout·of costs for each method
for the low,:,performance receiver.

Trends in component prices and labor costs were not addressed. Therefore
.. the results represent a well-founded checkpoint in time, but provide no information.

on future costs of GPS receivers. -

Some relevant features of the study are the following:

1. The receiver is comprised of components quite similar to ~hose in
Figure E-l.

2. Labor and parts for each component are derived separately.

3. A production base of 3000 units is assumed.

4-. A 135% labor overhead ("burden") is assumed.

5. The cost-to-manufacture (labor + materials) is adjusted by G&A of 20%
and a profit of 15% to get the factory selling price.

6. Distribution is set at 100%; thus, the list price is double the factory
selling price. The ratio of list-price to cost-to-manufacture is 276%.

7. The list-price to materials-cost ratio, a rule-of-thumb measure often
invoked by avionics vendors, is about 4-.5:1.

8. The study is based on 1977 prices.
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SCI'" StudY:dtfonomic Analysis of Civil Navigation Altern'atives," Systems
Control Inc.

This study attempts to cover a lot more ground than the ARINC study in
three respects: (I) cost trends are estimated through 2020; (2) several other
navigation receivers besides those for NAVSTAR GPS are considered, and (3)
several equipment options are considered. For the GPS navigation system, three
classes of marine receiver performance are used: high, low, and medium. In order
to perform trending analysis, each receiver design is disaggregated by
subcomponents, where the subcomponents chosen represent a middle ground
be-tween parts and func-::ional components. An example is "Printed Circuit Boards":
they are used in several functional components, and can be expected to trend
differently from "Digital Memory," for example, since the technology improvement
potential and the labor involved in manufacturing them are quite different. More
subject to question are subcomponents such as "Analog Signal Processing" units
where filters, mixers, and amplifiers are grouped together. Whether they can be
expected to follow the, same price units is not obvious. Within these assumptions
the method does provide a reasonable way of comparing the costs of different
navigation system user equipments, both now and in the future. The method is also
traceable, and new trend data can be readily incorporated. The Z-set was one of
several sets used to derive the data; the Texas Instruments and Rockwell
Irlternational receivers were also used.

By grouping the' subcomponents according to function, the costs can be
disaggregated in a manner similar to Figure E-l. Figure E-2 shows this breakout
for the SCI costing. It cannot be directly compared with the ARINC study values
of Figure E-l because the SCI study uses 1980 dollars.

Some relevant features of the study are the following:

1. The model allows grouping of subcomponents by function.

2. A "production base adjustment" factor is used to distinguish materials
costs for the .various classes of user equipment.

3. A "unit cost" and "unit count" for each subcomponent is e;Tl~loyed to
give the cost-to-manufacture for each subcomponent.

It. A production base of 3000 is assumed.

5. The cost-to-manufacture is mUltiplied by a "grade-level-multiplier"
(Jess than 1), a volume discount factor (about 1) and a dealer margin/cost
factor (3 to 4) to obtain a list price.

6. The ratio of list-price to cost-to-manufacture for the low-performance
unit is ab'out 295%.

7. The list-price to materials-<:ost ra tio is about 5.4:1.

8. The trend curves lump labor and materials together.

""Now called Systems Control Technology, Inc. (SCT)
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Comparison of the Two Studies: The studies are aimed at addressing
somewhat different issues, and this is reflected in the methodologies employed.
1:"le ARINC study aimed to develop a well-justified method for costing current GPS
avionics equiment. At any time it is applied, it should provide credible results.
The SCI study attempted to predict the cost of current and future .receivers of a
variety of navigation systems, so that comparative costs between systems could be
estimated. The large number of estimating factors that are used, and the lack of
justification given for the particular estimates selected, reduce overall confidence
in the model. However, the results using" this method are very similar to the
results of the ARINC approach.

Figure E-2 shows a comparison of the two methods, where the ARINC
numbers were adjusted to reflect higher labor and material costs. Not included are
price decreases that have, in. fact, occurred due to improved technology and
volume purchases of the subcomponents. The shaded portion of the ARINC chart
shows how much digital parts have come down in price between 1977 and 1980.
With these adjustments, the prices are remarkably similar. Especially notable are
the similarities in the relative costs of the functional components. Of course, the
ARINC model treats avionics, while the SCI model treats marine equipment, so one
would expect some differences to show up (for example, in the enclosure costs).

E.2 TRENDS

ARINC Study: "Impact of Technology on Avionics Cost Trends," ARINC (24-).

This study; recently completed, looks at the trends in navigation avionics
costs over the last 10 to 20 years, and makes projections for the next 10 to 20 years.
There were no GPS rece ivers considered, of course, but some of the conclusions are
equally applicable to them. Among the conclusions drawn, the following are
pertinent to our interests:

I. Material costs tend to follow the Producer Price Index (PPO rather than
the Consumer Price Index (CPl).

2. The CPI is increasing at a more rapid rate than the PPI. This is due
primarily to the sensitivity of the CPI to costs of housing and food,
factors that do not influence the PPI.

3. Labor costs will continue to increase slightly faster than the CPI, due
(hopefully) to productivity gains.

4-. Components will continue to be produced by more capital-intensive
manufacturing methods. This will reduce the labor-hours, but increase
the manufacturing burden.

5. Receivers will continue to decrease in weight, volume, and power
usage.

6. Receiver prices have held more-or-Iess constant relative to the PPI.
The new technological improvements have been reflected in higher
performance rather than reduced costs.
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7. Mechanical parts can be expected to increase in costs, while electronic
parts will decrease dramatically, especially digital circuits.

8. Mechanical displays are expected to be replaced eventually by cheaper
electronic displays.

Discussion: The ARINC trend study does provide some projected material
cost trends (e.g., TTL/MOS integrated circuits, resistors? radio hardware) but not
enough to compare with each of the trends projected in the SCI study. As one
example of comparable trends, the ARINC study predicts a cost-halving period of 5
years (relative to the PPI) for TTL/MOS integrated circuits, while the SCI study
uses a cost-halving period of about 3.5 years for program memory and
microprocessors. While. these are different, they are similar enough for our
purposes.

It would be desirable to use the cost models to estimate the effects of radical
design changes on receiver costs. For example:

1. . How does the cost of a dual<hannel receiver compare to that of a
single channel receiver?

2. What is the cost of a digital receiver, compared to an analog receiver?

3. When willl6-bit microprocessors become cost-effective?

•
4. When will high-speed digital circuits become cost-effective for

multiple<hannel "simultaneous" tracking, or for. replacing the second
down-conversion stage of IF?

5. When will VLSr become cost-effective for these relatively low-
. production units?

6. Will the new developments decrease the cost ratio between GPS and
other navigation system receivers?

7. ·How will costs behave in future years? .

We can certainly use the SCI trends to project costs and address some of
these questions. There are two reasons why applying them in their presel)t form is
not completely satisfying: (I) the trends are largely based on engineering judgment;
(2) labor and materials trends are not separated. The first can be addressed by
reviewing trends projected in trade journals. The second is more troublesome..
ARINC goes to some effort to detail the trends of materials vs. labor, and the
trends of capital-intensive vs. labor-intensive processes. It would be desirable to
incorporate these trends into projections of future subcomponent costs for various
GPS receiver designs. By grouping the labor and materials trends together, such
information is lost. The SCI position does have a certain logic, in that if highly­
leveraged components were dominated by labor costs, good business practice would
dictate searching for capital-intensive alternatives. Thus there is a compelling
reason to try to keep the ratio of labor to materials costs constant. Following this
line of reasoning, it would be expected that the labor cost trend for a given
subcomponent would qualitatively follow the trend of the materials cost.
Quantita tively, it would be desirable to establish a line of reasoning which
incorpora tes the labor /materials trend noted by ARINC.
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APPENDIX F. AIRGPS SIMULATION OF AIRCRAFT MANEUVERS

F.I INTRODUCTION

The AIRGPS simulation was used to examine navigation filter performance
under conditions of turning flight. In this situation, the filter has to cope with both
turn-induced acceleration and the degraded signal quality which results from
antenna pattern roll-off and airframe blockage. Four different aircraft
trajectories were used. The trajectories involve both standard-rate turns and turns
made at twice the standard rate. Two levels of user clock quality were used in
order to observe the effect of clock stability on navigation Solution accuracy. The
runs also incorporated conditions of both nominal and poor GDOP.

F.2 NAVIGAnON FIL TER PERFORMANCE

The tum performance of the AIRGPS navigation filter was evaluated using
four different flight trajectories. The first three trajectories involve racetrack
patterns, while the fourth begins with a descending turn followed by a descending
straight-line segment. In each case the filter is initialized at the start of the run
to approximate steady-state, unaccelerated flight conditions with a nominal GDOP.
The salient features of the four flight trajectories are listed in Table F-I.

TABLE F-l. SALIENT FEATURES OF FLIGHT TRAJECTORIES

TRAJ TURN BANK TURN RUN
NUMBER GDOP SPEED RATE ANGLE ACCEL. DURAnON ALTITUDE

1 Nominal 160 Kts 2 min. 240 0.44 g 200 Sec. Constant
2 Nominal 160 Kts I min. 410 0.88 g 100 Sec. Constant

.~:;~3 Poor 160 Kts I min• 410 0.88 g 100 Sec. Constant
·4 Nominal 160 Kts 2 min. 24° 0.44 g 90 Sec. Variable

~, The first trajectory serves as a baseline and is intended to simulate filter
behavior under nominal flight conditions.. The run involves level standard rate'
turns, and performance is compared to that obtained with the following two runs
which use twice the standard turn rate.

The second trajectory constitutes a rigorous run in which the filter has to
cope with a fairly harsh turning environment (twice the standard rate turn),
accompanied by significant antenna rolloff (reaching 18 dB in two instances).

The third trajectory permits examination of the effects of poor GDOP on
filter behavior. Note that the poor geometry should be reflected in the "size" of
the state covariance matrix, which in turn determines the Kalman gain and hence
the relative weighting of the measurement vs. the projected state estimate.

Trajectory number- four introduces two levels of descent rate (2,000 ft/min
and 848 ft/min), the more rapid of which is combined with a standard rate turn.
The descending turn is intended to simulate a portion of a procedure turn while the
straight-line segment simulates a standard 30 glideslope final approach.
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Receiver Parameter Selection

All runs were made using a simplified linear model of a single-channel sequential
receiver employing a ''best-set-of-four'' satellite selection algorithm. The parameters
used for the linear receiver model are based upon the design of a civil receiver
developed for the FAA by the MIT Lincoln Laboratory. Table. F-2 contains a list of the
relevant receiver parameters used in the simulation. All runs were made using a
nominal carrier-to-noise power spectral density ratio of 40 dB-Hz.

Navigation Filter Parameters

The navigation filter parameters used in the simulation were selected to give the
best overall performance on the fourth trajectory. The intent was to adjust the filter
to give its best performance during the landing phase of flight. The descending
standard rate tum followed by a three~egree glideslope (used in trajectory number
four) is felt to be a reasonable approximation to what might be encountered during a
landing approach. The parameters were chosen wit~ the_Hter clock modeled as having a
lo.ng-term (30 minute) frequency stability ~! 1.01 X 10 (one sigma) while the filter
assumes a frequency uncertainty of 0.97 X 10 (one-sigma).

Two sets of navigation filter parameters were used in making the runs described
in this appendix. The sets differ only in the values chosen for two filter parameter~

which are associated with the frequency stability of the user clock. Runs made using
the "good clock" employ the parameters described above. For those runs which use the
"poor clock," the following changes have been made:

The frequency .standard deviation was increased from 3.0 m/sec to 300.0 m/sec.
The frequency correlation time was reduced from 1800.0 sec to 10.0 sec.

These values are consistent with those used to model the "poor clock" and they
provide a good model match between the filter and the clock.

Aircraft Character istics

The aircraft dynamics parameters used in the simulation are (with one exception)
those of a 6-10 seat twin turboprop business aircraft, the Beechcraft C90. An exception
was made in the case of the roll time constant. The AIRGPS aircraft trajectory
genera tor produced an unwanted oscillation when using the 0.25 sec. roI! time constant
of the C90 and consequently the value of this parameter was increased to 1.0 seconds.

The simulation employs an antenna gain pattern which approximates the measured
pattern from a model of a Beechcraft Baron. The Baron is a 4-6 seat, twin-engined
aircraft, somewhat smaller than the Beechcraft King Air C90, but having the same
general external configuration. Figure F-I shows the model used for the antenna
pattern measurement. The antenna location (for the AIRGPS simulation) is indicated by
the numeral 2 shown on the figure. .

Satellite Geometry

Figure F-2 depicts the satellite locations for the "nominal GDOP" situation
characteristic of trajectories number I, 2 and 4. The satellite's elevation angle is
indicated by the length of the radius vector as scaled along the vertical axis. The
various dilution-of-precision measures listed on the figure are the initial values
appropriate to the start of each run. Since the satellite geometry is relatively good and
the run durations short, they can be assumed to be representative of an entire run.
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TABLE F-2. RECEIVER PARAMETERS

PARAMETER VALUE
.- - -', i

CLOCK "
' .

"

CLOCK STABILITY i VARIABLE
"__ ~_ _c - -_.'.

CODE LOOP .
TYPE TAU-DITHER
ORDER 1ST
BANDWIDTH 6 Hz

.
DAMPING FACTOR N/~

.
DELAY PREPOSITIONING,', YES
DOPPLER PREPOSITIONING NO
SATELLITE DWELL TIME 0.220 SEC.
DITHER TIMESTEP 0~01 SEC.
DITHER CODE SHIFT + 0.5 CHIP
NOISE FILTER BANDWIDTH 500 Hz

NAVIGA nON FIL TER
TyPE KALMAN
STATES 9
OBSERVABLES PSEUDORANGE

SATEL LITES TRACKED
SATELLITES TRACKED BEST SET OF FOUR
SATELLITE MASK ANGLE gO
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FIGURE F-l. BEECHCRAFT BARON ANTENNA POSITION
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FIGURE F-2. SATELLITE LOCAnONS FOR NOMINAL GDOP
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The satellite geometry for the poor GOOP situation associated with trajectory
number 3 is depicted in Figure F-3. The notes on the figure give the initial dilution-of­
precision (OOP) measures. In this case the OOP values are changing rapidly, spanning
the following ranges during the duration of the run:

GOOP
HOOP
VOOP

=
=
=

21.24-15.69
9.76-7.23
18.86-13.93

User Clock Stability

For the purposes of the AIRGPS simulations described herein, user clock stability
is generally of interest over three time intervals: typically one second, ten seconds, and
10 to 30 minutes in duration. Short-term variations involving time intervals on the
order of one second are of interest, since this is comparable to the time (880 ms) it
takes the receiver to scan the four satellites. One might view the problem as that of
bringing four sequential measurements to a common reference time in order to form a
solution. Clock stability over time intervals in the order of ten seconds is also of
interest. This is approximately the duration of the periods of low signal quality which
result from airframe blockage during turning maneuvers. The third time interval, that
of 10 to 30 minutes, is typical of the durations of periods of high GOOP. This situation
occurs when only four sateHites are visible and they approach or pass through a co­
planar geometry. Clock stability over this longer interval affects the ability ·of the
receiver to form a navigation solution using only three satellites, while depending on
the clock's frequency stability to maintain a nearly constant clock bias.

This appendix deals primarily with effects of relatively short-term (I second and
10 seconds in duration) clock instabilities. Although data are presented for conditions of
poor GDOP, run durations are limited to less than two minutes. Runs ar~l[1ade at two
levels of~lock quality: good (frequency stability equal to 1.01 X 10 ) and poor
(I.OI X 10· ). The runs made with the good clock use a frequency correlation time of
1800 seconds while those made with the poor clock use a frequency correlation time of
10 seconds. The shorter correlation time places greater stress on the receiver/processor
since, for a given level of frequency uncertainty, it results in a proportionally faster
rate of frequency drift.

F.2.1 Trajectory No.1 (Two Minute Turn Rate, Nominal GOOP)

This. trajectory serves as a baseline and consists of a level racetrack pattern
employing standard rate turns. Figure F-4 shows the pattern with the satellite
locations (azimuth) indicated by the arrows. The corresponding satellite elevation
angles are contained in parentheses. As noted on the figure, the aircraft's true position
is indicated by the solid line, and the estimated position by the broken line. Since the
errors are generally small in comparison to the dimensions of the plot, the error has
been overstated by a factor of two. This is indicated by "FACTOR = 2.00" in the notes
on the plot. The error scaling is implemented by computing the estimated state as the
true state plus the error state multiplied by the scaling constant FACTOR. As a
consequence, the actual errors in position are only 50% of those shown in the plot. A
similar convention holds for all other trajectory plots.
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Run I, Trajectory No. I, Good Clock

The position/error plot for Run 1, used as an example of Trajectory No. I, is shown
in Figure F-4. As can be seen from the plot, filter performance during the turns is
little different fro:n that obtained during the straight-line segments of the run. The
position errors averaged over various portions of the run are:

HORIZONTAL ALTITUDE
POSITION ERROR ERROR
2DRMS (m) 2 SIGMA (m) SEGMENT

16.22 9.&2 1st turn (top of page)

12.60 12.00 east leg (A/C heading 180°)

14.2& 12.72 2nd turn (bottom of page)

" 9.1& 12.74 west leg (A/C heading 360°)

13.&2 11.76 total run

Run I gives an example of filter performance obtained with a high-quality user clock.
AIRGPS models the user clock frequency error as a first:..order Gauss-Markov process of
the form

-t::rt;. - _Z~-t.I?-]'/~

X (-It) : A (~-I") E. 7" ~ ll.O - ~ ~ G~ (0) I)

where:
, .6t:

7" :
cr; :

6ft",I):

measurement time step (s)
correlation time (s)
standard deviation of frequency error (Rlsec)
Zero-mean, unit-variance Gaussian random variable (NO).

The user clock phase error is modeled as the integral of the frequency error plus a
white noise term and may be expressed as

where N : power spectral density of phase noise (R2/sec)
G/O,!) : zero-mean; unit-variance Gaussian random variable (N.D.).

For the clock model used in Run 1, the corresponding values of the parameters are:

0.22 sec
1&00 sec
1.0 R/~c
57.0 R /sec
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The corresponding frequency stability is 1.01 X 10.,.10 which is equivalent to an rms
velocity error of 0.031 m/sec, and the random phase error component is equivalent to an

.rms position error of 0.11 m.

Run 2, Trajectory No.1, Poor Clock

Run 2 demonstrates the effect of poor clock stability when using the baseline
trajectory. The clock parameters are:

0.22 sec
10.0 sec
10,000.2 R/sec
57.0 R /sec

The corresponding frequency stability is 1.01 X 10-6 which is equivalent to an rms
velocity error of 310.0 m/sec. Figure F-5 shows a position/error plot for Run 2. As can
be readily seen, the plot is essentially the same as that shown in Figure F-4 for Run 1
which uses a good clock. The position errors for Run 2 averaged over various portions
of the run are: . -

HORIZONTAL ALTITUDE
POSITION ERROR ERROR
2DRMS (m) 2-SIGMA (m) SEGMENT

18.52 12.54 1st turn (top of page)

12.70 15.76 east leg (A/C heading 1800
)

16.20 21.06 2nd turn (bottom of page)

9.64 18.92 west leg (Ale heading 3600
)

15.36 17.40 total run

A compar ison with the results from Run 1shows that" the rms horizontal position errors
suffer a maximum degradation of 14% while the two-sigma altitude errors increase
by a maximum of 66%.

F.2.2 Trajectory No.2 (One Minute tum rate, nominal GDOP)

This trajectory, shown in Figure F-6, subjects the filter to a combination of heavy
tum-induced acceleration (0.88 g) and periods of poor signal quality (C/N = 22 dB-Hz).
The satellite geometry is unchanged from that of Trajectory No. 1. Si~hal quality is
severely degraded at three times during the run. During the first turn, the aircraft is
banked away from the two low-lying satellites to the north. A roll angle of 410 places
SV/I7 apprOXimately 240 below the "horizon" of the aircraft's antenna patterr-i early in
the turn. Similarly, SV 1116 drops to approximately 170 below the antenna ''horizon''
later in the turn. The signal loss due to antenna pattern roll-off reaches peak values of
18 dB and 16 dB for SV 117 and SV 1116 respectively. In a similar way, SV 118 suffers an
18 dB signal loss about one-third of the way through the second turn. The signal from
the high elevation satellite, SV 1113, is relatively unaffected since it never falls below 21
degrees (above the ''hor izon II) on the aircraft's antenna pattern.
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Run 3, Trajectory No.2, Good Clock

The position/error plot used to illustrate the features of the second trajectory
(Figure F-6) shows the results obtained during Run 3. The error behavior shown in the
plot is generally consistent with expectations. At the onset of each turn the estimated
position tends to fall on the outside of the aircraft!s true trajectory. This behavior is to
be expected, since the filter's estimate of horizontal turn rate is small before the turn
begins. At the start of the first turn, for example, the filter is initialized with a
horizontal tum rate of less than 0.060 /sec and an east velocity error of only 0.1 m/sec.
,.:\5 the aircraft progresses through the turn, the estimated position tends to fallon
either side of the true trajectory, as would be expected as the filter obtains a better
estimate of the turn rate. Similarly, one would anticipate some overshoot (to the inside
of the turn) as the aircraft rolls out of the turn and follows a straight-line path~ This
overshoot appears to be present at the end of the first turn and to a lesser extent at the
end of the second turn.

The magnitudes of the position errors (magnified by a factor of two in the plot)
are generally consistent with the degradation of signal quality experienced as the
aircraft turns away from the low-lying satellites. Note the relatively large errors
which seem to be associated withSV /17, SV 1116 and SV 118 as compared to those which
occur elsewhere during the run.

The position errors for the various segments of Run 3 are:

HORIZONTAL ALTITUDE •
POSITION ERROR ERROR
2drms (m) . 2 sigma (m) SEGMENT

32.82 17.48 1st turn (top of page)

15.90 6.68 east leg (A/C heading 1800
)

30.70 12.02 2nd turn (botto m of page)

17.18 8.82 west leg (A/C heading 3600
)

27.10 12.80 total run

-10The user clock stability remains at 1.01 X 10 as in Run 1.

Run 4, Trajectory No.2, Poor Clock

Figure F-7 shows the position/error plot for Run 4. The clock and navigation
filter parameters for this run are the same as those used in Run 2. As can be seen by
compar ing Figure F-7 with Figure F-6 for Run 3, both plots are essentially the same.
The position errors for Run 4 averaged over various portions of the run are given below.
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HORIZONTAL AL TITUDE
POSITION ERROR ERROR
2drms (m) 2 sigma (m) SEGMENT

32.88 20.88 1st turn (top of page)

16.36 11.10. east leg (A/e heading 3600
)

32.20 21.86 2nd turn (bottom of page)

17.86 16.80 west leg (A/e heading 3600
)

27.78 19.00 total run

A comparison with the corresponding values for Run 3 shows that the rms
horizontal position errors for Run 4- are larger by less than 5%. The altitude errors
for Run 4- are larger by fro m 19% to 90% as co rnpared to those for Run 3.

F.2.3 Trajectory No.3 (One Minute Turn Rate, Poor GDOP)

Trajectory No.3 is the same as Trajectory No.2, except that the GDOP is
materially worse (21.24 to 15.69 vs. 2.48). Figure F-8 shows the orientation of the
satellites with respect to the path of the aircraft. All four satellites lie to the
north; two at about 300 elevation and two at about 650 elevation. Degradation of
signal quality due to shadowing and antenna pattern roll~ff reaches peak values of
11 dB and 13 dB for SV IIl8 and SV III respectively. Peak signal fading is
approximately 5 dB less severe for ths trajectory as compared to that of Trajectory
No.2.

Run 5, Trajectory No.3, Good Clock

Figure F-8 shows the position/error plot for Run 5. In this situation, the
filter must contend with large (0.88 g) turn-induced acceleration and high GDOP.
It is int,eresting to note that although the GDOP is considerably worse than in Run
3 (21.24- to 15.69 vs. 2.48), the signal quality is better. This results from the fact
that the lowest elevation satellite is at 30.360 in Run 5 vs. 16.750 in Run 3.

The position errors shown in Figure F-8· tend to follow expectations. The
generally east-west orientation of the satellites in pairs should provide a better
measurement of position in the east-west direction than in the north-sou th
direction. As can be seen in Figure F-8, the results of Run 5 seem to confirm this
expectation. The overshoot at the beginning and end of each turn is also consistent
with expectations based upon horizontal turn rate estimation. Examination of the
error components. in latitude and longitude (not shown) reveals that while the east­
west. component has a relatively small mean, the north-south component has a
relatively large mean. The filter picks up a large north error component early in
the first turn. This error bias continues throughout the remainder of the turn and
persists throughout the east leg of the pattern. The error bias is pretty well
eliminated during the second turn (at the bottom of the page) and remains small
throughout the second straight-line leg of the pattern. Although the north-south
error bias along the east leg of the pattern cannot be seen in Figure F-8, its
presence is evidenced in the error statistics. The 2drms errors for the various
segments of Run 5 are:
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HORIZONTAL ALTITUDE
POSITION ERROR ERROR
2drrns (m) 2 sigma (m) SEGMENT

54.92 95.84 1st turn (top of page)

56.84 105.80 east leg (A/C heading 1800
)

33.74 65.58 2nd turn (bottom of page)

17.82 22.50 w~st leg (A/C heading 3600
)

44.40 80.16 total run

The user clock for Run 5 is u~fO'anged from that of Run 1 and Run 3 having a
frequency stability of 1.01 X 10. .

Run 6, Trajectory No.3, Poor Clock

Run 6 combines high acceleration (a turn rate of 6 deg/sed with poor GDOP
and poor clock stability. Figure F-9 shows the position/error plot for this run. The
relevant statistics for Run 6 are:

HORIZONTAL ALTITUDE
POSITION ERROR ERROR
2drms (m) 2 sigma (m) SEGMENT

44.50 80.46 1st turn (top of page)

J8.12 60.20 east leg (A/C heading 1800
)

55.18 108.26 .2nd turn (bottom of page)

47.56 89.94 west leg (A/C heading 3600
)

47.56 88.62 total run

A comparison of the results for Run 6 (poor clock) with those obtained previously
for Run 5 (good clock) reveals the following:

1) Both runs develop relatively large north position error biases at the
onset of the first turn. These north position error biases persist
throughout the first straight-line segment on each of the runs.

2) The north position error bias is largely eliminated in the second turn of
Run 5, having been reduced to only a few meters by the end of the turn.

3) The north position error bias is driven rapidly through zero and becomes
a south position error bias during the second turn of Run 6. This error
bias is essentially reduced to zero during the second straight-line
segment of Run 6.

4) Runs 5 and 6 both exhibit significantly larger north-south (and altitude)
errors than east-west errors. .
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Some of the observed error characteristics seem consistent with what one
might expect. Since the satellite geometry has rough east-west symmetry, we can
expect clock-induced errors to roughly cancel in this direction. A comparison of
the straight-line (north-south) segments of Runs 5 and 6 (Figures F-8 and F-~)

shows this to be approximately the case. Note also that the satellites are
favorably situated to the making of an east-west position measure:nent and errors
in this direction are relatively small. Conversely, the sa tellites are poorly situated
to the making of north-south position measurements and errors in this direction are
relatively large and tend to persist. Clock-induced altitude errors cannot be
expected to cancel and altitude error plots (not included here) tend to bear· this
out. The plots show a significant difference between the altitude errors of Runs 5
and 6. Run 6 exhibits a large negative altitude error (exceeding 50 meters in
amplitude) during much of the second turn. No such errors are present in Run 5.

F.2.4 Trajectory No.4 (Two Minute Turn Rate, Nominal GOOP)

This trajectory, shown in Figure F-IO, is intended to indicate the level of
performance that might be expected during a non-precision approach. The
trajectory begins with a descending standard rate (2 minute) turn of 1800

• The
nominal descent rate- in the turn is 2,000 ft/min. As the aircraft completes the
turn, the descent rate is reduced to 848 ft/min providing a 30 glides lope on the
straight-line segment of the pattem. Aircraft speed is maintained at 160 knots
throughout the pattern.

Run 7, Trajectory No.4, Good Clock

Figure F-IO shows the horizontal error performance obtained in Run 7. The
performance is very similar to that obtained over the first portion of Run lllfhich
uses the same turn rate (3 deg/sec) and the same clock stability (I.Ol X 10 ) and
GOOP (2.48). Clearly the introduction of descent rates of 2,000 ft/min and 848
ft/min has little effect on horizontal error in this example. The run statistics are:

HORIZONTAL ALTITUDE
POSITION ERROR ERROR
2DRMS (m) 2 SIGMA (m) SEGMENT

16.38 13.22 1st tu rn (top of page)

14.48 1/1..28 east leg (A/C heading 1800
)

15.80 13.56 total run

A comparison of the statistics of the comparable portions of Runs land 7 shows
that the horizontal position errors are within /1.% over the turn and 6% over the
straight-line segment. The corresponding altitude errors compare to within 32%
and 24% over the tum and straight-line segments respectively.
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Run 8, Trajectory No. 4-, Poor Clock

This run shows the effect of a poor clock on the trajectory used to
approximate the conditions of a non-precision approach. As in the case of the
baseline trajectory (Runs 1 and 2), the poorer clock has a relatively small effect.
The position/error plot for Run 8, shown in Figure F-ll, is essentially the· same as
that shown in Figure F-lO for Run 7. The relevent error statistics for Run 8 and
given below are not too much different from those for Run 7.

HORIZONTAL ALTITUDE
POSITION ERROR ERROR
2DRMS (m) 2 SIGMA (m) SEGMENT

19.12 20.06 1st turn (top of page)

14-.74- 18.56 east leg (A/C heading 1800
)

17.86 19.60 total run

In particular,the 2drms horizontal position errors are. only increased by a maximum
of 17% over those of Run 7, while the 2 sigma altitude errors are increased by a
maximum of 5~%.

F.3 SUMMARY

The AIRGPS simulation runs were intended to answer the following two
questions:

1) What is the likely impact of temporary satellite blockage and turn­
induced acceleration on navigation processor performance as a result of
aircraft tuming maneuvers? .

2) What is the likely impact of poor user clock frequency stability on
navigation processor performance during maneuvers which involve
satellite blockage and turn-induced acceleration?

F.3.1 Tuming Flight

The AIRGPS simulation results support the view that NAYST AR GPS can
provide suitable accuracy for non-precision approaches. Temporary satellite
blockage and turn-induced accelerations had only a modest impact on navigation
processor performance under conditions of nominal GOOP.

The performance of the receiver/processor was evaluated over four
trajectories containing turns. Standard rate (3 deg/sed and twice standard rate
(6 deg/sed turns were included, as were conditions of nominal and poor GOOP and
changes in altitude. Table F-3 contains a summary of the 2drms positiQn errors.
When averaged over the total run, the 2drms errors range from 13.82 meters
(baseline trajectory, good clock) to a worst case of 47.56 meters (twice standard
rate turn, poor GOOP and poor clock). The maximum 2drms error occurred during
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TABLE F-3. SUMMARY OF HORIZONTAL POSITION ERRORS

2DRMS ERRORS

TURN CLOCK 1ST I 2ND I TOTAL

RATE HOOP STABILITY TURN STRAIGHT TURN STRAIGHT RUN

RUN (DEG/S) (N.D.) (N.D.) (M) (M) (M) (M) (M)

1 3 1.29 1.0 X 10-10 16.22 12.60 14.28 9.18 13.82

2 3 1.29 1.0 X 10-6 18.52 12.70 16.20 9.64 15.36

3 6 1.29 1.0 X 10-10 32.82 15.90 30.70 17.18
.

27.10

4- 6 1.29 1.0 X 10-6 32.88 16.36 32.20 17.86 27.78

9.76-
1.0 X 10-10

5 6 7.23 :54.92 56.84 33.74- 17.82 4-4-.4-0

9.76-
1.0 X 10-6

6 6 7.23 44.50 38.12 55.18 4-7.56 47.56

7 3 1.29 1.0 X 10-10 16.38 14-.4-8 N/A N/A 15.80

8 3 1.29 1.0 X 10-6 19.12 14.74- N/A N/A 17.86

F-23



the first straight-line segment of Run 5 (twice standard rate turn, poor GOOP and
good clock). When restr icted to a standard rate of turn and nominal GOOP (2.48),
all errors remained below 20.0 meters 2drms. This performance compares
favorably with the 100.0 meter, 2drms accuracy requirement given in the Federal
Radionavigation Plan for non-precision approach. Altitude errors ranged from a
low of 6.68 m 2 sigma in the first straight-line segment of Run 2 to to a high of
1087.26 m 2 sigma during the second turn of Run 6.

F.3.2 User Clock StabHity

Poor user clock frequency stability does not appear to impose a significant
burden on navigation processor performance during turning maneuvers under
nominal GOOP conditions. Even under poor GOOP conditions, navigation processor
performance was within that required by the Federal Radionavigation Plan for non­
precision approaches.

A comparison of the data summarized in Table F-3 indicates that user clock
stability was seldom a dominant factor. When averaged over the total run, the
maximum increase in horizontal position error due to a poor clock was only 13%
(Runs 7 and 8). When comparing the statistics for individual segments, only in the
case of poor GOOP was there much more than about a 20% increase in error. The
largest fractional increase occurs in the final straight-line segments of Runs 5 and
6. In this case, the 2drms horizontal position error increases from 17.082 meters to
4.7.56 meters, a factor of 2.67. We should point out, however, that although these
results are based upon a very poor clock, they involve relatively short time
intervals lasting for less than two minutes. Longer runs would be required to
determine the effects of user clock stability in trying to "coast" the clock through
periods of high GOOP for example.
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APPENDIX G. SHORT~TERM CLOCK ERROR

In the case of short-term clock error, we are concerned with the problem

of accuracy in measuring the time of arrival of signals from four satellites

with a sequential receiver. If the time spread of measurements is 3 seconds,

and the periods of fluctuation in the clock are of a similar magnitude, we can

investigate the magnitude of the position errors based on the 3-second spread.

The navigation processor can model the clock errors and decrease their

effect, but only within the period that characterizes the accelerated motion

of the vehicle.

The long-term frequency offsets of the user clock will be compensated for

by the- Kalman filter, but the frequency shifts and phase fluctuations occurring

with periods less than a s"econd will result in errors of predicted position.

"-- The fundamental equations of the multilateration system are:

from which we obtain:

h - d- t f th J.th satelll-te.were x.,y.,z_ are coor lna es 0 e
J J J .,'

6x.,6y.,6z. are errors in position of the jth satellite.
J J J .

XA'YA,zA are coordinates of the user position.

(G-l)

t
o

t.
J

6t.
J

6t
o

is the time of satellite transmission.

is the time of arrival of the signal from the jth satellite.

is. the error in measurement of the jth TOA.

is the error in system time.

c is the speed of light in vacuo.
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It will be convenien t to use the following vector nll[ ,: '-ion:

Lot lIt l !::.x. = 6x.
-J J

lIt2 b.y.
J

lit) LIz.
J

lIt4

In the following treatment we may calcu.'.ate lIxA from estimates of errors

lit or lIx. or, in the case of fewer than four satellites, errors in measuring
-J

zA or to using outside instruments are additional sources of error in estimating

the remaining position coordinates.

Equation (G-l) can be written:

or

[AJ lI,xA = c.lIt

(G-2)

(G-3)

where ajl,aj2,aj3 are the direction cosines of the jth satellite and a j4 = 1.

lit is the source of error (as in the case of short-term clock errors).

Similarly,

-1lIxA = [A ] cllt. (G-4)

We represent the elements of A-I as a ..•
~J

An accepted measure' of the GPS errors in estimated position is the rms

value of estimated position averaged over the distribution of errors in

measuring the satellite TDA's. Thus

(G-S)

+ ...••••.•
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for which, if \"re assume 6t 's represent measurement errors randomly distributed
j

with zero, means:

t,·t .6t.
~ J

2o c5 ..
~.~

(G-6)

where 0 is the mean deviation of the error in satellite range measurement.

The measures HDOP, VDOP, and PDOP have been defined as follows:

2 2 1/2
HDOP =[6XA + 6YA] /0

2VDOP =[6zA ]
1/2

/0

2 2 2 1/2
PDOP =[6XA + 6YA + 6zA ] /0

In the short-term clock case for the sequential receiver, the satellite

ranges are measured at approximately one-second intervals. The TOA errors are

caused by clock frequency shifts induced by mechanical vibrations, which result

in random phase shifts of the user clock such that the satellite TOA errors are

,~not correlated, and Equation (G-6) prevails.

The short-term clock errors produce errors as follows: .

6s = HDOP (0 )(c)c

6v = VDOP (0 ) (c)
c

where 6s is the rrns horizontal position error estimate.

6v is the rms altitude error estimate.

o is the rms short term phase variation of the clock in seconds.c

Gc "'" is the Allan variance (30) of the clock for a one second sampling

interval.
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APPENDIX H. LONG-TERM CLOCK ERROR

We consider a sequential receiver making a 3-D navigation fix with 3

satellites -and a good clock, operating- in the coastin.g mode. If the period

for which the clock must be used is 20 minutes or longer, the principal source

of error will be clock.frequency drift. Referring to the notation of Appendix G

we let the TOA errors

6t. = 0
J

a~d the user clock error, 6t T
o

where T = 6ft/f .
o

6f/f is the fractional frequency ~ffset of the clock and t is the time elapsed
o

since last there was a 4-satellite fix, which could be used to calculate f ~
a

Equation (G-l) of Appendix G becomes

Now a. 16x. + a. 2 6y. + a. 36z. = v.· r _T
J J J J J J -J-J

where v. is the velocity of the j~h satellite •
. -J

Since Iv.1 « c, the expression becomes
-J

Equation (G-l) becomes A3 6xA cT

cT

cT

where A
3

is the 3-satellite LOS matrix version of Appendix G and 6XA is the

3-element user-position vector.
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cT

cT

cT

..

2 -- 2. - 2 + -. 2
and 6Y~ =[all + a12 a 13 +

Averaging over all possible satellite configurations of the constellation, we

arrive at:

Constellation
2 2 2 2·= [HDOP + VDOP ] c T

Constellation 1/2

and 6s = [HDOP
2

• cT = KcT = Kct(6f/f )= KA6ft,o

where t is the time since 4-satellite coverage was last obtained and A is the

wavelength of the clock. K is the rms value of HDOP averaged over the constel­

lation. From Figure 5-4, K = 1.5.

Example:

t = 1000 sec., f
o

lf f/f = 10-9
o '

6ft = 1500

91.5 x 10., A= 2/3 ft.

6s = 2250A = 1500 ft.

lf f/f = 10- 11
o

6s = l5A = 15 ft.
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Navigation errors are described in the foregoing page in terms of average

HDOP's. In the following, we examine the errors of a specific three-satellite

constellation in the coasting mode.

Figure H-l shows the constellation considered. In this notation:

e. is the polar ang~e of the sat~llite with respect to zenith.
J

1J.i
j

is the projected angle in the horizontal plane of the LOS vector.

G =8
1 2:

¢l 0

¢2 = 90°

6= tM/f
o

If only clock errors are significant, Equation (H-l) becomes:

6xA = 6y = 6z = 6
.,.. A A

6s 126 12ctM/f .
o

The HDOP for this configuration is 12.
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APPENDIX 1. ERRORS IN POSITION RESULTING FROM ALTITUDE INACCURACIES

It is here assumed that altitude is derived from an altimeter and is used

with the signal arrival times from. three satellites to determine the user's

horizontal position and system time.

Equation (G-l) becomes for this case:

2
c (t.-t )!:;.t •

J 0 0

A

!:;.w

-!:;.h

cosA
l

cose
2

cose
3

6x
A

eosel

!:;.Y A -6h
-1

eose
2

A

6w cose 3

where 6w

6h is

-ellt
o

the altimeter error

I-I



(I-I)

Averaging over all configurations of the constellation's, the terms involving

cos 8 i cos 8. average out to zero. The HDOP for a 2-D configuration averaged
J

over all possible 2-D configurations is: (from Equatiori (H-5)

____~AII Configurations

2
HDOP2D

All Configurations

Compare this with the average of equation (I-I):

All Configurations
-2=----=-2
xA + YA

2 2
whe re Q < HDOP 2D

From which we conclude:

1/2
6s < 6h [(HDOP~D)]

All Configurations
2 -- 2 2 -- 2 2 -- 2 2

6h [all cosS l + a12 cosS 2 + a 13 cosS 3 +

From Figure 5-4 we see that

_____ All Configurations 1/2
2

[HDOP 2D ] ::: 1. 5

so that 65< 1.56h.
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· Example:

Consider the configuration 0,£ Appendix H.

The equations of page 1-1 become:

6y - 6w = 0a

-6w -6h.

From which we obtain:

6w = 6y = 6x = 6hA A

= 26h
2

6s /2 (rms altimeter. error).

The HDOP for this configuration is /2 (see Appendix H).

1-2./1-4
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APPENDIX J. DIFFERENTIAL GPS ERROR ANAL YSIS

The differential technique achieves its high accuracy in position estimate by
reducing bias errors common to both reference site and user in the measure-nent.
The following discussion demonstrates in some detail how the errors enter into a·
measurement and to what degree they establish the overall system p.erformance.

Noise error evaluation is based on two position fixes using two separate and
independent receivers, one at the aircraft and one at the ground reference site.
Figure J-l shows the geometry under discussion. The positions of the user,
reference site and its satellite are denoted in ~-dimensional space by vectors ~, ~I

and ~ respectively, where the xlj. dimension represents the clock offset..

The first three elements of these "posit ion" vectors correspond to a physical
position in an earth-centered, earth-fixed coordinate system while the fourth
element corresponds to the respective clock phases or times. The magnitude of the
vector difference ~ -X is called the pseudorange and represents the distance
between the ith satellite and the ground-based reference or user receiver, minus
the time offset of the receiver clock:

7" t
r;. :: [( ~i. -~) (~i .._~)]

The unit vector between a ground based receiver and a satellite is

T

(~( -~) C( )
- -0 $·-X- I S; - is J . - c -

J:.

( ~t.' - ~ )

U· =- ( I §(. - ~I

In the presence of pseudorange errors we have the user-equivalent range error
WERE),

where the user estimated position is given by

".0('" ~~ "")X == X,... XV X 3,X4 .

The difference between true position and the estimated position is the
"geometric" or navigation error

A-£.G :::.
-"\

X - X .- -
The UERE or pseudorange measurement error can be defined similarly:
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The transformation matrix, which depends only on user-satellite geometry,
relates both errors as follows:

-I

~G .:=. G ~u.

The covariance of it is

For the evaluation of the noise, components we will use the method developed
in reference 8. The ranging errors which are common to all' measurements or
correlated between satellites, will be lumped together with user's clock bias. The
positional error is now worked out for three cases. .

Case 1: Conventional Solution: - Single user, no correlation between
pseudorange measurements (Genera!).

In the .first approximation, we ignore the correlated components of
pseudorange errors, ~~,if we are interested in the user position error only.
Therefore, in the conventional approach

Cou (gu..)
CO(/" ('1 G)

2

::: 6;; Itt
, r -I

~ Oi.J(G G ).

The mean-square navigation or "geometryll error is

Case 2: Correlation Exist Between Pseudorange Errors (Transla tor)

The following development demonstrates how the correlation enters into
computed position and clock bias measurements. By separating errors into a
correlated and uncorrelated component we define the following relationship:

where
Y1... + C·, Co

n. = Uncorrelated component between satellites
1
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C. :: Correlated component between satellites.
1

It is assumed that n. and c. are independent and ergodic.
I 1

. This condition leads us to the assumption that for a short time, the
measurements are highly correlated and similar processes affect each pseudorange
measurement.

Under these assumptions the pseudorange measurement error covariance is
t. • 1

Cou-(g.u.) = Cou (':1) + CoV'(~) '= 6;; I + 6; R
where R is a correlation matrix, described below.

Similarly, the position error is
-/ '2. /

-I _1'2, T' -I "T")-
Cou(gG) :: G CaV{~LL)~T) =- 6:; ~G), +~ G R(G./

~ 1. 2. '2. -I rJ-/
~ = 6;, (GDOP) ~ ~ TRACE/4- [G RG .

In order to avoid detailed knowledge of G, this equation is simplified by
simplifying the structure of R and computing the bounds.

,. r r r/-,.. 0 0 0
r r r

l~
1- I"" 0 a ':: 'R+:+r r r 0 I-I"" 0. ,

r r ,. o· 0 0 1-

{
g ~. ~~]
CJ 0 0 0
o 0 0 ,..

Where

and

Letting R be represented by a matrix:

I ". r r
r I yo r

R= .... r I r
r r yo I



Substituting derived values in the original equation we obtain:

2. [ t '2. 2 l.

~:: ~-+(I-r)~ J(GJ)OP) + rCfC
and

2.

: [cJ;;"1.+ (1- r) a;.l][PDOP) lop
'1. 1 ' ,2

1
r 2

6:' =[ 6;; 01- (1-1")~ LHDOP}H

2- 1.

-(1- r).~l][VDOPJ
~

6; =[ 0:: ~
2 "l ,2, i

<S;- :: [~"a- ~ (,_ r)~ ] ITDOp] -f rU; .

..
From the above given equation, we may conclude

r:. 0 means measurements (UERE) are uncorrelated.

Since

becomes

6;'=0) when
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as in case 1, and

for r=1:

2. l.. '2. [ 1. 1.-

t5.; ::: [~ + (/-~)o;. ] TDOP] + r~.

and

Similarly \57.. ::: 0, w~e", {" : I
, l. "Z.

0:- :: [ 0 of. 0][ T DOP} + ~
or .

The correlation error of the measurement then becomes absorbed in Xlj..

Case 3: Measurements at two positions. (Centralized GPS)

The user is assumed to be close to the reference site, and the same set of
satellites are being used.

Errors for each user:

4 ~

~G X - ~- .,

,
L1

, .....
~G )( - X'- -

--

The relative error in measurement is given by

-I

~ ~ g. G - S;~ - G e~

Cotr(e) = £(~gT).

We assume that
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where

t:(§~ e:).

Positioning the UERE's into correlated and uncorrelated components as before:

e·Co

, A " .ei = h.t,' + C t:, .L' :: I,,~, 3, !I
where l1.i{#t'.) is the component which is uncorrelated between satellites and
users and t:i t;-c:) is the· component that is correlated between satellites and
between users. The components no (n.) and co (c.) are assumed to satisfy stationary
and ergodic properties. Moreovel, wk assurrte that n., no, c

k
' c l! 0, j, k, I = I, 2, 3,

4) are all mutually independent except for the pairing1ck} c l' (k, 1 = 1, 2, 3, 4).

We now consider the special case for which

and
[

' 00 OJ
~ 0 I 0 0 ) 1"./ ~ I

~ 0 I 0 ~

o 0 <::) I

This implies that:

ILl./ ~ I

I (;-/ ~ I

I). Pseudoranges made to the same satellite by different users have
correlation "u".

2) Pseudoranges made to different satellites by different users have
correlation "v".

For this special case, the covariance of the differential navigation error can be
written as

. . I
~ 1 ~ T-

(au (g) = ~[rs;. -+ (,- r)~ - (U-tr) ~ ] (GG)
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where RI is as defined earlier and V is a matrix with elements of tJij =v for all i, j.
Denoting differential navigation errors with the subscript D, we find

2. -1.. 1. 1 '2

6""c;o :::J..l ~ + .(/-". -..(.( + tr)~ }[GDOPJ -I- .2~ (Jo-v:J

1.. ~J. ~
:-2[a-:.+(I-"-U+U)~ [HDOP]

The following error equations illustrate the differences between the
Centralized and Translator GPS techniques:

Centralized GPS:

----------- -----~- ------~._-~ ~- ~~".,,~<-~.•_'"------------'

Translator GPS:

where r = the correlation between different space vehicle pseudorange errors
for a specific user

v =different space vehicle, different users
u =same space vehicle, different users.
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For users close to the ground site, r ':::t:: v and u -::::: 1. Using the approximation
r -::::: v allows simplification of the above equations to .

2- - 1. '1. 1-

~D 2 2lC5:, + (I-M-)O; ][GDOP]

2 '1. "'t 2.

GPo - 2 [cr;, -I- (I - u.)~ J[p f)OP ]-
1. 1. 'L 'l.

t5HD - 2[~ + (I-.Lt.j~][HDOP]-
~ " '2..

'2.

2[<S;. ~ (1- 4 ) ~]lv~oP]6;i> :'"

"1. '1. "'l 't.

~D -=- 2[~ + (/-.u) 0; J[Tf)OP].

.' We note that th~ factor {I-.w}, which multiplies the variance of the correlated
. ,·component,. 0;; ,. becomes small as u ~l. Hence, Jor closely spaced. users, we

expect to see the effects due to the correlated error components becomi
insignificant, and the various relative navigation variances depend the factor 2 6"
weighted by the appropriate DOP. The factor of two iSfue to the differencing '6f
independent measurements, each having variance cr. Note that in absolute
measurement cases, the factor of two is missing since t~e error has been (jefined in
and above to be the difference between two pseudoranges.

------ --~





APPENDIX K. SOURCES OF ERROR IN DIFFERENTIAL OPERATION

K.I MEASUREMENT ERROR COMPONENTS - Estimated positions are based on
precise measurement of the propagation time for satellite signals to reach earth-bound
receivers. This is accomplished by measuring the signal time-of-arrival (TOA). A
difference between TOA and the knowledge of the time when signal was sent provides
an information on the pseudorange between a satellite and a receiving site. This
measurement,however, includes also atmospheric path delays, clock offsets, and
correlator error. A component breakdown of these errors forming the pseudorange
measurement is as follows:

where the terms have the following definitions:

l::.R - measured pseudorange error

bE - ephemeris error

DIONO+TROPO - Atmospheric delay

['SV - err~r in space vehicle clock correction sent with navigation
C message

bR - receiver noise error

t SA - Selective Availability

The following error subdivision was used in Section 8.

A. BIAS ERRORS

o Ionospheric - TEC changes with distance.
o Ionospheric - TEe changes with elevation angle.
o Ephemeris - Error in satellite position.
o Differential Station Uncertainty - error in measurement.
o Tropospheric - Refractive index fluctuations.
o Tropospheric - Refractive index variations with elevation angle.

B. '-NOISE ERRORS

o Receiver Noise - error in pseudorange measurements.
o Tropospheric Noise - fluctuation in the atmosphere.

A discussion of these errors is addressed in Section K.4.

K.2 RECEIVER CHARACTERISTICS - A distinction between ground-based, marine
and airborne receivers is based on the tracker design, specifically on the IF, carrier loop
and delay loop bandwidth requirements. The above restrictions determine receiver
acquisition time, noise level, data update rate requirements. The following parameters
were selected for performance prediction.
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\1arine

Airborne

All navigation message signals are fed to a low-noise preamplifier. Typical
preamplifier values used are:

Noise Figure: 4.5 db 0.0 db advertised by Hewlett-Packard)
Gain: 30 db
Antenna Temperature: nOoK

Received signal budget estimates are:

Received Signal (C/A Code)
Line Loss
Effective Carrier Signal
Thermal Noise
Equivalent Antenna Temperature
Multiple Access Noise
Noise Spectral Density
Carrier Signal, C
Signal Power to Noise Spectral Density

-160 dbW-Hz
-1 db
-161 dbW-Hz
-228.6 db W-Hz
+28.7 db
+1.0 db
-198.9 dbW/Hz
-161 dbW
37.9 db-Hz

Receiver design is based on the capability of acquiring all satellites in view. More
constraints are imposed on the differential station receiver than on other users to have
full data collection continuously. Users, on the other hand, can make their optimum
selection at will. From analysis, it was determined that for marine receivers the time
is divided as follows for each satellite:'

TL loop time: 1.52 seconds/satellite
TG guard time: 0.04 seconds/satellite
TD dwell time 1.52 + 0.04 :: 1.56 sects
T update time = (I.56) x 3 + .72 :: 5.4 seconds

u

Residual error introduced to settling time to 95% original value in acceleration
condition is:

2E :: 0.5 x l/2g T
a u

Typical values for 1/2g acceleration are shown in Figure K-l.
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K.3 RECEIVER RANGE AND RANGE RATE ERROR CALCULATIONS - Receiver
noise errors and the interference affect the range measurement and the range tracking
performance.. To compute these errors and to establish their dependence on the
receiver characteristics a step-by-step analysis is performed. The receiver range errors
are the sum of the receiver noise, quantization and instrumentation errors, and are
classified as. being random and uncorrelated errors between measurements. The bias
errors a~e caused by acceleration. The uncorrelate~ range errors are as follows:

222
R =( NOISE + QUANTIZAnON + INSTRUMENTNfION)l/2

For the non-coherent dither type receiver, the noise error has two error sources:
phase ji tter generated in the carr ier loop, and the phase jitter in the code loop.

Mathematical expressions for various noise sources are as follows:

A. Total Noise Component Due to Phase Jitter

t1 '2 (~]. of
:: 2f7 [°0 + 1. -;iT) ]

where

d =

N =

chip length, 293.2 meters

carr ier-to-data-rate ratio, 1540

. Code Loop Phase Jitter

D = 2 x .022 radians

where

C-
- -4.8 db =33.1 db.No
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Carrier-Loop Phase Jitter:

where

(e )
(-/Vole

c
- ~ - 1,3 = 36. b dh

~ =6.45 meters.

Q - btl

The total rms noise caused by phase jitter in bolth tracking loops, assuming cross­
correlation between loops,is negligible:

L1 r 2 (~~ ~ ~ ).J !..
~ =: ~Lao + (-,:f-; + 2 N U o 0<12 (0 Z

~q 3 ~ ~ 2. - b J. II~? J( IO-~ ] f:- :;..'; @.n) .. tI~q ri')( /0 + + 0
(IS-YO) z. _

3. Fine Quantization Error.

Ll
.:: ---
Q~ )

:- I. 3:l. ,..,~T£ ~ S
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C. Instru-nenta tion Error

(j,
6I.::: N -

Total Range Error:

r, a ~ "
~ ~ ..,I- ai~

/SVo

\ = (6.45
2

+ .0832
+ .19

2
), Q = 10 24 w~s used

= 6.45 meters

Range bias error due to receiver acceleration causes additional jitter in the
receiver carrier loop:

Jl R =

a.. =

1.845 x 4.9 01 t=. me er
6.28 x 100

4.9 meters 0/2 )
g

Total Range Rate Error:

2.

+ ~(RJ

where l
. A L- 2 Be l3 >f.

6;v(R.) ::- :;."T (£). (I + ~(£.))7.
Nfl C IV"

Range rate error is a phase noise in the carrier tracking loop. The receiver-range
rate counter averages carrier frequency for T seconds (averaging time for Doppler
count). In particular:
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·/t L- ~J(/O /' s~o · -, 2:"
~N(R) ::.~ 4-570.9 !~ I -!- ~x 4570.Q ..) )

.0103 m/sec

where

.2 seconds.

Quantization Error for Fine Range Rate Quantization:

A. ./9
6"Q(i{) ="n7NVQ=2 x 1540 xflZ'x .2 =.000089 m/sec •

-Range Rate Bias Due to Acceleration:

/\ I--
~f7 T

= 1.845 x 4.9 x 1 =.07198 m/sec
1006.28 x .2

Total Range Rate error:
t "Z t.

<fA,: ON(Ii) + OGCR)
a.

6'R
7
= .01032 + .0000892

oRr= 0.103 m/sec

I<.3 EXTERNAL ERROR SOURCES - In the total receiver error budget, there are
eight major error sources identified primarily as caused by the propagation delays or by
the satellite position and time errors. The following sections will describe these errors
and will identify major characteristics.

A. Ionospheric: TEC Changes with Distance

The TEC varies with horizontal position. Several factors contribute to these
variations: ionospheric irregularities, diurnal variations, solar flares and geometric
factors. Figure K-2 presents a typical electron content variation above a fixed position
during a 24-hour observation period. For the sample analysi~~ nominal value of 70
nanoseconds was used (l nanosecond delay is equivalent to 10 electrons per square
meted. This value is also a function of altitude and geometry expressed in terms of an
obliquity factor. The total effective electron content changes with the elevation angle
of a satellite being observed. This effect is shown in Figure K-3. The mathematical
expression used for computing the obliquity factor Q is:

, C" R+H,.... - - = C SEC '- = r-" ,
~ - 51'!E' L..l.R+H) .... -R~os'l..£JT:.
H =. 3S0K"'7 - ALrlrl.JOe~ 7H£ r.otVo.tPHt:-R..E

R ~ G"3 7 g K h-r - EAR T"H R ~ DI CJ S
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Ionospheric models are useful in reducing this error. Ionospheric irregularities, which
can cause delay difference of 0.1 - 0.4 meters, cannot be modelled out.

B.. Ionosphere: TEC Changes with Elevation Angle, .A E.

A displacement of the user receiver from the differential station along the
baseline changes the observation angle to a .satellite by amount of a E, where,

where

'& : distance between user and reference receivers.

A change in d E results in a corresponding change in path length as shown in
Figure K-4. This curve is extrapolated from the original ionospheric values for the
100 km separation equivalent of 0.90 and evaluated for the whole range of possible
satellite position angles. The maximum value of this curve is at the maximum gradient,
shown in the same figure for comparison. This error can be essentiaJJy eliminated by
modeUing by the receiver, using sateJJite~erived corrections applied at both the user
and station locations.

C Ionosphere: TEC Changes with Time

Ionospheric irregularities of various sizes exist, which means that the sateUite­
receiver path delays can be somewhat different for user and reference site. These
irregularities travel horizontally so that the vertical electron content changes with
time. The rate of change of TEe is the product of the horizontal gradient and the .
velocity. Measured values have been observed up to 1200 m/sec but average around 100
to 150 m/sec. Using a 800 m/sec velocity and a 10 mm/km spatial gradient the
maximum change of delay will be 8 mm/sec or .024 nsec/sec. The difference in signal
delays experienced by the user and the GPS reference site can be· expressed as a
distance error in the measurement as a function of time. Typical values derived for the
maximum variability rate of the ionosphere are shown in Table K-l.

TABLE K-l. TYPICAL IONOSPHERIC DELAY TEMPORAL VARIATIONS

irregUlarity
Diurnal
Flare

Total (RSS):

4.85 mm/sec
1.82 mm/sec
2.42 mm/sec

5.72 mm/sec or .342 m/min

For the GPS operation without Selective Availability, the ionospheric temporal
errors will become the dominating factor in the determination of the update rates for
the trans:nission pseudorange corrections. A typical error in pseudorange measurement
for a 3-minute update interval is one meter.
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D. Ephemeris Error

An error in the satellite position may be intentionally introduced. Ephemeris
error is the position error between the true and assumed satellite position. The effect
of ephemeris error is shown in Figure K-5. Assuming that small angle approximations
are valid, which is true for the relatively small distances on the earth surface, a 1.2
meter bias error results from a 480-meter ephemeris error for an extreme case
observing a satellite along the 50-km baseline.

E. Differential Station Uncertainty in the Measur~

In addition to bias error components in the pseudorange correction values sent to
users, there is a noise error component associated with the correction component. This
error cannot be removed by subtraction; thus a user has to absorb this error as a bias in
his measurement. The magnitude of this error is shown in Table K-2. The noise error is
assumed to be time invariant during the short interval of the measurement cycle.

F. Tropospheric Errors

The atmosphere has a small, but significant refractive index which causes
propagation delays that can reach 30 meters at low elevation angles. The refractive
index is stable with frequency, but is affected by temperature, pressure and humidity
variations. The total delay as a function of elevation angle is quite predictable, so that

. a simple cosecant model can remove all but a meter or so of the pseudorange error for
a user near sea level. An aircraft receiver at altitude will experience significantly
different delays, but again the effects are quite amenable to modelling. However,
there is less correlation with the delays of a ground based reference station. The delays
and residual errors as a function of elevation angle are shown in Figure K-6.

G. Receiver Noise in Pseudorange Measurement

A computation of the receiver noise component is derived in Section K.2. The
resultant value is a function of the satellite evaluation angle. Factors related to the
receiver noise characteristics are input signal-to-noise ratio, tracking filter bandwidth,
and receiving antenna pattern effects.
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TABLE K-2~ DIFFERENTIAL STA TION RECEIVER CHARACTERISTICS

Receiver Noise 1.6 meters

Multipath Noise

Total error

1.0 meters

1.9 meters

K-15/K-16
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